
Spin-wave dynamics
driven by spin-orbit torque

Boris Divinskiy
Münster

2020



Angewandte Physik

Spin-wave dynamics
driven by spin-orbit torque

Inaugural-Dissertation

zur Erlangung des Doktorgrades

der Naturwissenschaften im Fachbereich Physik

der Mathematisch-Naturwissenschaftlichen Fakultät

der Westfälischen Wilhelms-Universität Münster

vorgelegt von

Boris Divinskiy

aus Gelendschik, Russland

2020



Dekan: Prof. Dr. Michael Rohlfing

Erster Gutachter: Prof. Dr. Sergej O. Demokritov

Zweiter Gutachter: Prof. Dr. Carsten Fallnich

Tag der mündlichen Prüfung:
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Abstract

Magnonics is an emerging subfield of modern magnetism that investigates spin waves

(magnons) in terms of their potential applications as nanoscale signal carriers. Magnonics

has made significant progress over the past decade. Nevertheless, there are still several ma-

jor obstacles hindering the implementation of technologically competitive magnonic devices.

First, the existing spin wave excitation methods are characterized by low energy efficiency at

the nanoscale. Second, spin waves propagating in thin magnetic films experience large prop-

agation losses. The advent of spin-orbit torque (SOT) phenomena has opened new horizons

for magnonics, since SOT provides the means to overcome the described obstacles. How-

ever, recent intense studies of SOT have revealed new unexpected difficulties and challenges

associated with the emergence of complex nonlinear processes in nonequilibrium magnetic

systems. This thesis is devoted to finding routes to resolve these issues limiting the progress

in the field of SOT-driven magnonics. The obtained results are expected to accelerate new

developments in this field and enable the implementation of spin-wave-based devices that

will be more attractive for real-world applications.
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Zusammenfassung

Die Magnonik ist neu entstehendes Teilgebiet des modernen Magnetismus, die Spinwellen

(Magnonen) im Hinblick auf ihre möglichen Anwendungen als nanoskalige Signalträger un-

tersucht. Die Magnonik weist einige bedeutende Fortschritte über das letzte Jahrzehnt auf.

Dennoch gibt es immer noch einige große Hindernisse, die die Implementierung der tech-

nologisch wettbewerbsfähigen Magnonik-Geräten behindern. Erstens zeichnen sich die ex-

istierende Spinwellen-Anregungsmethoden durch eine geringe Energieeffizienz im Nanobere-

ich aus. Zweitens weisen Spinwellen, die sich in dünnen magnetischen Filmen ausbreiten,

große Ausbreitungsverluste auf. Die Entdeckung des Phänomens des Spin-Bahn-Drehmoments

(SBD) hat der Magnonik neue Horizonte eröffnet, da die Benutzung der SBD-Phänomene das

Mittel zur Überwindung der beschriebenen Hindernisse bietet. Jüngste intensive Studien zu

SBD haben jedoch neue unerwartete Schwierigkeiten und Herausforderungen aufgezeigt, die

mit der Entstehung komplexer nichtlinearer Prozesse in Nichtgleichgewichts-Magnetsystemen

verbunden sind. Diese Arbeit widmet sich der Suche nach Wegen zur Lösung dieser Probleme,

die den Fortschritt auf dem Gebiet der SBD-gesteuerten Magnonik einschränken. Die erziel-

ten Ergebnisse sollen neue Entwicklungen auf diesem Gebiet beschleunigen und die Imple-

mentierung von Spinwellen-basierten Geräten ermöglichen, die für technologisch-relevanten

Anwendungen attraktiver sind.
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Notation in text Meaning

SOT Spin-orbit torque

SHE Spin-Hall effect

PMA Perpendicular magnetic anisotropy
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CoNi Cobalt-nickel multilayer
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Notation in text Meaning
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The CGS (Gaussian) units for magnetic properties are used throughout the thesis.
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Chapter 1

Introduction

Spin waves - or their quanta called magnons - are the lowest-energy collective excitations

above the ground state of magnetically ordered materials [1, 2]. From a semi-classical point

of view, a spin wave can be visualized as a phase-coherent precession of spins that propa-

gates through the magnetic medium in a form of a wave (Figures 1.1(a) and (b)) [3]. The

existence of such waves was predicted by Bloch in 1930 [4]. Ferromagnetic resonance, discov-

ered by Griffiths in 1946 [5], was the first direct observation of spin waves and served as the

starting point for the experimental studies of these waves. Research in this area was partic-

ularly intense in the 60s-80s and led to the development of a wide range of spin-wave-based

devices for analogue signal processing that found applications in many areas of microwave

technologies [6–10].

Figure 1.1 (a) In the ground state of a ferromagnet, all spin are parallel. (b) The lowest-energy
excitations above the ground state are spin waves (magnons). (c) Evolution of the number of
publications per year with the keywords ”spin waves” and ”magnons”.

However, interest in spin waves does not diminish over time, but only grows both within

the scientific community and industry (Figure 1.1(c)). Nowadays, spin waves are consid-

ered as potential data carriers in novel computing devices as an alternative to electrons in

conventional microelectronics [11,12]. The main advantages offered by spin waves are:
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• Wave-based computing Information can be encoded not only in the amplitude,

but also in the phase of a spin wave, which provides an additional degree of freedom

in data processing and paves the way for non-conventional, non-Boolean computing

algorithms [13].

• Wide frequency range The maximum clock rate of a computing element is deter-

mined by the wave frequency. Typically, spin wave spectrum starts at GHz frequen-

cies, which are used in modern communication technologies, and extends into the very

promising THz range [14–16].

• Short wavelengths The wavelength of the used wave defines the minimum size of

a wave-based computing device. Despite microwave frequencies, spin waves have very

short wavelengths down to a few nanometers [17–20].

• Tunability Spin wave characteristics can be tuned on a broad scale by a choice of

the magnetic material, the direction and strength of the external magnetic field, the

geometry of the sample, etc. [21]

• Nonlinearity There exists a great variety of nonlinear spin-wave effects [22–25], which

provide additional opportunities for data processing.

The emerging field of science that aims to utilize spin waves to transmit and process in-

formation at the nanoscale is known as magnonics [26–31]. Many building blocks of spin-

wave circuitry have already been proposed and experimentally demonstrated: spin-wave logic

gates [32–35] and majority gates [36,37], a magnon transistor [38], magnonic directional cou-

plers [39–41] and units for beyond-Moore computing [42–45], just to name a few.

Despite the fact that the demonstrated magnonic devices benefit from numerous advan-

tages provided by spin waves, they suffer from two major drawbacks. The first Achilles heel

is the lack of an energy efficient method for excitation of spin waves on the nanoscale [13]. In

conventional macroscopic-scale devices, spin waves are created by microwave fields produced

by microstrip or coplanar waveguides [46, 47]. However, reducing the size of the spin-wave

antenna inevitably leads to large conversion losses, which makes the traditional inductive

mechanism very inefficient [13, 48]. The second drawback is associated with the fact that

nanoscale magnetic systems are characterized by relatively large magnetic damping [49, 50].

As a consequence, spin wave propagating in nanometer-thick films have short decay lengths,

which imposes limitations on the functionality of magnonic nanosystems.

To bring magnonic devices closer to the real-world technical applications, one needs to find

a way to overcome these drawbacks. At the moment, the most promising approach is based on

the utilization of the so-called spin-orbit torque (SOT) [51–53]. The SOT provides the ability

to reduce magnetic damping in spatially extended regions [54], which may enable decay-free
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propagation of spin waves in magnetic nanosystems. Moreover, the SOT can completely

compensates magnetic damping, resulting in the onset of magnetic auto-oscillations [55],

which can be used for the high-efficiency generation of coherent propagating spin waves on

the nanoscale.

Since the SOT phenomenon has the potential to address the main challenges associated

with the downscaling of magnonic devices, it has become the subject of intense research in

the recent years [54–67]. Several important milestones have already been achieved, including

the implementation of SOT-driven nano-oscillators [68, 69] and a nearly tenfold increase in

the spin-wave decay length by using the SOT [70]. However, despite significant progress,

there are still many challenges and open questions in the field of SOT-driven magnonics [71].

Among them are:

• Which magnons are predominantly affected by the SOT?

• Is it possible to eliminate detrimental nonlinear effects?

• How can one convert spatially localized auto-oscillations into propagating spin waves?

These questions are of crucial importance for the further developments in spin-orbit-torque

magnonics, and this thesis is devoted to finding answers to them.
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Chapter 2

Background

2.1 Magnetization dynamics in ferromagnets

Fundamentally, ferromagnetic materials contain atoms with net magnetic moments µ

that strongly interact with each other. However, to describe dynamical processes in such

materials, it is convenient to ignore the atomic nature of matter and characterize the state

of the ferromagnet by a continuous vector field. The vector field is called the magnetization

M and is defined as the magnetic moment per unit volume

M =

∑
δV µ

δV
,

where
∑

δV µ is the total magnetic moment of a mesoscopic volume δV . The length of the

magnetization vector M is assumed to be constant thorough the material and is called the

saturation magnetization Ms. The described continuum approach is referred to as micromag-

netism [72]. The micromagnetic theory has two main limitations of its applicability. First,

it is valid only when the characteristic scale of the investigated dynamic processes is much

larger than the interatomic distances. Second, the temperature of the ferromagnet should be

far below a certain critical temperature, called the Curie temperature TC, at which thermal

fluctuations completely destroy the magnetic order. The experiments presented in Chap-

ters 4-6 were performed at room temperature T0 = 295 K with two ferromagnetic materials:

a nickel-iron alloy Ni80Fe20 known as permalloy (Py) and cobalt-nickel multilayers, which

we will refer to as CoNi. Since both Py and CoNi have Curie temperatures that are well

above T0, the micromangetic approach is a good approximation for describing magnetization

dynamics in these materials at room temperature.

Within the micromagnetic framework, the dynamics of the magnetization vector are gov-

erned by the phenomenological Landau-Lifshitz-Gilbert (LLG) equation [1]
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dM

dt
= −γ(M ×Heff)︸ ︷︷ ︸

precession

+
α

Ms

(M × dM

dt
)︸ ︷︷ ︸

damping

, (2.1)

where γ is the absolute value of the gyromagnetic ratio for the electron spin (γ/2π =

2.8 MHz/Oe) and Heff is the effective magnetic field, which is discussed in detail below.

In equilibrium, the magnetization is parallel to the effective magnetic field.1 However, when

the magnetization deviates from the equilibrium position (e.g., due to an external perturba-

tion), it starts to precess around the effective magnetic field, as described by the first term

in the right hand side of the LLG equation. This precessional motion of magnetization can

be regarded as an analogue of the well-known Larmor precession of a free magnetic moment

around an external magnetic field [73]. The second term of the LLG equation, which is

referred to as the Gilbert torque [74], describes the relaxation of the magnetization to the

equilibrium position and represents the dissipation of energy of magnetization oscillations.

The physical mechanisms that determine the transfer of energy of magnetic oscillations to

the lattice are numerous and rather complicated [75]. However, in many cases they can be

described reasonably well by the Gilbert torque with a single damping parameter α called

the Gilbert constant. The combined effect of the precessional and damping torques causes

the magnetization to spiral towards the equilibrium position, as shown in Figure 2.1.

Figure 2.1 (a) Trajectory of the magnetization M about the effective magnetic field Heff , with the
drawn directions of the precessional and damping torques. Light red arrow shows the equilibrium
position of the magnetization (M ‖Heff). (b) Top view of the dynamics.

The effective magnetic field Heff is the sum of all effective fields due to magnetic interac-

tions existing in a specific system. In general, Heff depends on the magnetization M and is

defined as

Heff(M) = −∂E(M )

∂M
, (2.2)

1The second term on the right-hand side of the LLG equationM× dM
dt can be rewritten asM×(M×Heff)

[1]. Therefore, when M ‖Heff , both terms on the right side of Equation (2.1) are zero and the magnetization
is in the equilibrium position, since no torque is exerted on it.
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where E(M ) is the total magnetic energy density [1]. The most important contributions to

E(M) are:

Zeeman energy The Zeeman term describes the interaction between the external mag-

netic field H0 and the magnetization. The Zeeman energy density is given by

EZ = −M ·H0. (2.3)

To minimize EZ, the magnetization tends to align along the external magnetic field.

Dipolar energy In addition to the external magnetic field, the magnetic moments con-

stituting the ferromagnet create their own magnetic fields. The dipolar field arising from an

individual moment µi is

Hdip,i =
3(r · µi)r

r5
− µi

r3
,

where r is the distance to µi [73]. Thus, the total energy density associated with the dipole-

dipole interaction between magnetic moments of the sample can be expressed by

Edip = −
∑
i 6=j

Hdip,i · µj = −
∑
i 6=j

(
3(rij · µi)(rij · µj)

r5
ij

− (µi · µj)
r3
ij

). (2.4)

As can be seen from Equation 2.4, the dipole-dipole interaction is a long-range interaction,

since Edip decreases with distance as 1/r3
ij. Moreover, this interaction is anisotropic, be-

cause Edip depends not only on the distance separating two moments, but also on the their

orientation relative to a vector connecting them rij.

In a uniformly magnetized and infinite sample, magnetic fields produced by all magnetic

moments in a ferromagnetic body compensate each other and therefore the total static dipolar

field is zero. However, if a sample is finite or the magnetization distribution is nonuniform,

the discontinuity of the magnetization results in a non-zero dipolar field. This field can be

viewed as arising from fictitious magnetic charges at the surfaces of the sample (Figure 2.2).

The dipolar field inside the sample is called the demagnetizing field Hdem, whereas the field

outside is called the stray field Hs. These fields can be found by solving the Maxwell’s

equation. In case of a ferromagnetic ellipsoid (note that an infinitely extended film is the

limiting case of an ellipsoid), the demagnetizing field can be expressed by a simple analytical

formula

Hdem = −
↔
NM , (2.5)

where
↔
N is the demagnetizing tensor [1]. As follows from Equation 2.5, Hdem is oriented

opposite to the magnetization M , trying to suppress the overall magnetization of the system.

An important consequence of this fact is that for ferromagnetic films the dipolar energy is

minimized for the magnetization directed in the plane of the film. This tendency of the

magnetization to be in-plane is called the dipolar or shape anisotropy.
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Figure 2.2 In analogy with an electric dipole, a magnetic moment µ can be imagined as a pair of
opposing charges. Inside the ferromagnetic body these fictitious magnetic charges compensate each
other. However, uncompensated magnetic charges exist on the surfaces of the ferromagnetic sample
and produce the dipolar field. The dipolar field inside the sample is called the demagnetizing field
Hdem because it is directed opposite to the magnetization M . The field outside the sample is called
the stray field Hs and it loops around in space.

Exchange energy The exchange interaction is a quantum mechanical phenomena that

is responsible for the magnetic ordering of ferromagnetic materials, as it favors the parallel

alignment of neighboring magnetic moments. Loosely speaking, the exchange interaction

originates from the Pauli exclusion principle and the electrostatic Coulomb interaction [3].

In the micromagnetic approximation, the exchange energy density can be written as

Eexch =
Aex

4πM2
s

[(∇Mx)
2 + (∇My)

2 + (∇Mz)
2], (2.6)

where Aex is the exchange stiffness constant, which is a positive quantity for ferromagnets

[72]. Therefore, the exchange energy is minimum when the magnetization is uniform within

ferromagnetic materials (all the derivatives in Equation 2.6 vanish). The corresponding

effective field is

Hexch =
Aex

2πM2
s

∇2M = l2ex∇2M .

Here, lex =
√
Aex/2πM2

s is the exchange length. The exchange length is the characteristic

scale on which the exchange interaction is dominant, and the magnetization is uniform.

Typically, lex does not exceed ten nanometers (e.g., lex ≈ 5 nm for Py [76]), which reflects

the fact that the exchange interaction is an inherently short range interaction unlike the

dipolar interaction. At length scales larger than lex, the dipolar interaction dominates and

the sample can be divided into magnetic domains with different magnetization orientations.

Anisotropy energy In the presence of magnetic anisotropy, the magnetization tends

to orient along a certain preferred direction. There are many physical mechanisms that

may result in the magnetic anisotropy. For example, as mentioned above, the dipole-dipole

interaction results in the shape anisotropy in ferromagnetic films. Apart from the shape

anisotropy, in certain sandwich structures, which consists of alternating magnetic layers of

subnanometer thickness (such as CoNi studied in this thesis), surfaces and interfaces may

induce the so-called perpendicular magnetic anisotropy (PMA). The PMA energy density
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can be represented phenomenologically by

EPMA = −Ka

M2
s

(e ·M)2,

where Ka > 0 is the anisotropy constant, and e is the unit vector normal to the film plane [73].

Clearly, EPMA is minimized when the magnetization aligns along the surface normal. The

effective anisotropy field is

HPMA = H̃a(e ·M)e, (2.7)

where H̃a = 2Ka

M2
s

. Note that, in multilayer systems with PMA, there is a competition between

the shape anisotropy and PMA. If PMA is larger than the shape anisotropy, the magnetization

is oriented out-of-plane. Otherwise, the magnetization lies in-plane due to the dominance of

the shape anisotropy.

Thus, the total total effective field Heff(M) in Equation 2.1 can be written in the form

Heff(M) = H0 +Hdip +Hexch +HPMA = H0 −
↔
NM + l2ex∇2M + H̃a(e ·M )e.

There are many other magnetic interactions (e.g., the Dzyaloschinkii-Moriya interaction,

the magnetoelastic interaction, etc.) that can also contribute to Heff . However, we do not

consider them, since they are not relevant to the systems studied in this thesis.

2.2 Spin waves in extended thin films

In the framework of the continuum approach described above, spin waves are regarded

as wave-like solutions of the LLG equation. Since spin waves are usually studied in thin

magnetic films, let us consider an infinitely extended ferromagnetic film with PMA of a

thickness d (Figure 2.2(a)). The film is magnetized to saturation by the in-plane external

magnetic field H0. We seek the solution of the LLG equation in the form

M (r, t) = Mzez +m(r, t),

where Mz is the component directed along the external magnetic field H0, and m(r, t) ∝
exp[i(2πf(k)t−k ·r] is the so-called dynamical magnetization that is assumed to be of plane-

wave form. The dispersion function f(k) relates the spin- wave frequency to the wavevector.

Knowing the spin-wave dispersion is of crucial importance because it determines many prop-

erties of spin waves. For example, the group velocity of spin waves, which represents the

direction and velocity of the spin-wave energy flow, is defined as the gradient of the disper-

sion function vg(k) = 2π∇kf(k).
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Figure 2.3 Schematic of an infinitely extended film with PMA of a thickness d. The in-plane
external magnetic field H0 and the static components of the magnetization Mz are aligned parallel
to the z-axis; m is the dynamic magnetization. Note that, in general case, the magnetization
precession trajectory is elliptical. The angle between the spin-wave wavevector k and H0 is ϕ.

Because the effective field Heff is a function of M and the product of these quantities

appears in the right-hand side part of Equation 2.1, the LLG equation is an inherently non-

linear equation. Therefore, as a rule, it is not possible to find a simple analytical formula

for f(k). However, if one assumes that the angle of magnetization precession is small, i.e.,

||m|| �Mz ≈Ms, Equation 2.1 can be linearized by neglecting the terms quadratic in m. In

this case, the dispersion relation can be found by solving the system of equations consisting

of the linearized LLG equation, Maxwell equations and proper boundary conditions. Since

the involved math is quite tedious, we omit the details of derivation and present only the

final result for the spin-wave dispersion in an in-plane magnetized extended film [77–79]

f(k) = γ/2π
√

(H0 + 4πMsl2exk
2)(H0 + 4πMsl2exk

2 + 4πMs(F − F a)) (2.8)

with

F = 1− P cos2ϕ+ 4πMs
P (1− P )sin2ϕ

H0 + 4πMsl2exk
2
,

F a = H̃a(1 +
P4πMssin

2ϕ

H0 + 4πMsl2exk
2
),

P = 1− 1− exp(−kd)

kd
,

where k =
√
k2
z + k2

y, and ϕ is the angle between the wavevector k and the direction of the

external magnetic field H0. We note that Equation 2.8 is valid under two conditions: the

spin-wave wavelength is much larger than the thickness of the film (i.e., kd � 1) and the

distribution of the dynamic magnetization across the film thickness is uniform.

A representative spin wave dispersion for a Py film is shown in Figure 2.4. The spectrum

was calculated by using Equation 2.8 with the following parameters: d = 5 nm, 4πMs =

10 kG, lex = 5 nm, H0 = 1000 Oe, and H̃a = 0 because usually Py films do not exhibit

PMA. Curves in Figure 2.4 are two limiting cases: k||H0 (corresponds to ϕ = 0 in Equation

2.8) and k||H0 (ϕ = 90°). The shaded area is the spin-wave manifold corresponding to the

intermediate values of ϕ ∈ (0, 90°). Spin waves propagating perpendicular to the direction of
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the external field are usually refereed to as the Damon-Eshbach (DE) waves [80]. Spin waves

propagating along H0 are called Backward-Volume (BV) waves [1], as they can have negative

group velocities because of the negative slope of their dispersion curves at small wavevectors

(Figure 2.4(b)).

Figure 2.4 (a) Spin-wave spectrum for a 5-nm thick Py film magnetized in-plane by H0 = 1000 Oe.
(b) Zoom near the bottom of the spectrum.

In contrast to the dispersion relation of photons or acoustic phonons, the spin-wave dis-

persion has an energy gap, i.e., the spin-wave frequency is nonzero at k = 0. The spin-wave

mode at k = 0 is called the ferromagnetic resonance (FMR) mode, and it corresponds to

uniform precession of the magnetization with a spatially constant phase (i.e., to a spin wave

with an infinite wavelength). According to Equation 2.8, the FMR frequency is given by

fFMR = γ/2π
√
H0(H0 + (4π −Na)Ms), (2.9)

where Na = H̃a/Ms. As a first approximation, the FMR frequency is proportional to H0 due

to the Zeeman interaction. The term (4π−Na)Ms = 4πMs−H̃a describes contributions of the

dipolar anisotropy (4πMs, where the factor 4π comes from a component of the demagnetizing

tensor
↔
N , see Equation 2.5) and PMA (H̃a, see Equation 2.7).

For short wavelengths (for large k), the exchange interaction dominates and the dispersion

relation exhibits a quadratic behaviour f(k) ∝ k2, independent of ϕ, the angle between k

and H0 (see Figure 2.4(a)). In contrast, for long wavelengths (for small k), the dipolar

interaction becomes dominant, and f(k) ∝
√
H0(H0 + 4πMs(F − F a), where the factors F

and F a strongly depend on ϕ. Thus, the inherent anisotropy of the dipole-dipole interaction

results in anisotropic spin-wave dispersion.

For k||H0 the dipole contribution decreases with increasing wavevector. The competi-

tion between the dipole and exchange interactions results in a minimum of the spin-wave

dispersion at non-zero wavevector kmin (Figure 2.4(b)). As we will see below, the existence
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of the minimal frequency fmin at non-zero wavevector has important consequences for the

spin-wave dynamics. It should be also emphasized that this lowest-frequency mode is doubly

degenerated, since there are two minima: at kz = kmin (ϕ = 0, see Figure 2.3) and kz = −kmin

(ϕ = 180°).

2.3 Spin waves in waveguides

In the previous section, we have considered spin waves in extended ferromagnetic films.

However, waveguiding structures capable of directional propagation of spin waves are of cru-

cial importance for magnonics devices. Therefore, spin waves are often studied in waveguides

in the form of narrow strips [47]. In this section, we briefly outline the key features of spin

waves in such structures.

2.3.1 Longitudinally magnetized waveguide

Figure 2.5 (a) Schematic of the longitudinally magnetized waveguide and of transverse profiles of
the dynamic magnetization for the first three normal waveguide modes. (b) Dispersion curves for
a Py waveguide with the width w = 0.5 µm and the thickness d = 5 nm magnetized along its long
axis by the external field H0 = 1000 Oe. For comparison the dispersion curve for the BV mode in
an Py extended film is shown.

First, we consider the case of a ferromagnetic stripe of a width w magnetized along its

length (Figure 2.5 (a)). If the stripe is long enough, the fictitious magnetic charges are located

at a great distance and the generated static demagnetizing field is vanishingly small (if one

neglect the areas close to the waveguide ends, of course). Thus, the effective field inside the

stripe is homogeneous and is equal to the external magnetic field. Note that in the extended

film, both in-plane components of wavevector k can change continuously. However, in the case

of the stripe, the wavevector component perpendicular to the waveguide axis ky is quantized,

which corresponds to the formation of standing waves in the y direction. The discrete values

of ky can be expressed as ky = πm/w, where m = 1, 2, 3, ... is the index of normal waveguide
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modes [47]. For a given value of m, the dispersion of the corresponding mode can be obtained

by substuting the expression for the total wavevector k = kzez + πm/dey in Equation 2.8.

Figure 2.5(b) shows the dispersion curves for a Py waveguide with the width w = 0.5

µm and the thickness d = 5 nm magnetized by the external field H0 = 1000 Oe. As can be

seen from the data, dispersion curves for the normal waveguide modes are shifted to larger

frequencies with respect to that of the BV mode in the unconfined film. This is not surprising,

since all waveguide modes are characterized by a non-zero component of the wavevector ky

perpendicular to H0, while for the unconfined BV spin wave ky = 0 by definition. The

exchange energy is known to increase with the increase of the total wavevector, which makes

the dispersion curves shift to larger frequencies with the increase of the mode number.

2.3.2 Transversally magnetized waveguide

Figure 2.6 (a) Schematic of the transversally magnetized waveguide. (b) Calculated distribution
of the internal effective magnetic field across the width of a Py waveguide with the width w =0.5 µm
and the thickness d = 5 nm magnetized by the external field H0 = 1000 Oe. Horizontal dashed line
marks the value of the external magnetic field. Insets show the transverse profiles of the dynamic
magnetization for the first central mode and the first edge mode.

Now we consider a more complex case of a transversely magnetized stripe (Figure 2.6(a)).

In contrast to a longitudinally magnetized waveguide, in this geometry the static demag-

netizing field Hdem is not zero due to the magnetic charges that are formed at the lateral

edges of the waveguide. According to [81], the z-component of the demagnetizing field can

be calculated as

Hdem,z(z) = −Ndem(z)Ms, (2.10)

where Ndem(z) is the coordinate-dependent component of the demagnetizing tensor
↔
N (see

Equation 2.5)

Ndem(z) =
1

π
[arctan(

d

2z + w
)− arctan(

d

2z − w
)].
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Due to the demagnetizing effects, the effective field inside such a waveguide Heff,z(z) =

H0 +Hdem,z(z) = H0−Ndem(z)Ms is smaller than the applied external field H0. Figure 2.6(a)

shows the distribution of Heff,z(z) calculated for the Py waveguide the width w =0.5 µm and

the thickness d = 5 nm magnetized by the external field H0 = 1000 Oe. As can be seen from

the data, the effective field varies over the width of the strip and substantially decreases near

the edges, creating the so-called spin-wave wells, where spin waves can be localized.

Two types of the normal spin wave modes exist in the transversally magnetized waveguide

[82]. These modes are characterized by different frequencies and different distributions of the

dynamic magnetization across the waveguide width (see insets in Figure 2.6(b)). The first

type is central modes. As the name implies, central modes are spread over the entire width

of the waveguide. The second type is edge modes, which are localized in the areas of the

reduced effective field. Therefore, the typical frequencies of the edge modes are lower than

that of the central modes. We note that, due to the significant inhomogeneity of the effective

field, there are no simple analytical models that can describe the central and the edge modes

with good accuracy. As a rule, micromagnetic simulation should be used for the analysis of

their properties.

2.4 Magnons

So far, we have considered spin waves only in the context of the phenomenological LLG

equation. However, the semi-classical continuum model provides only a limited view of

properties of spin waves. To understand many phenomena involving spin waves, it is more

convenient to describe them using the ”corpuscular language”. According to the general

principle of corpuscule-wave duality, spin waves can be regarded as flows of quasiparticles

with energy ε = hf and quasimomentum p = h̄k, where h = 2πh̄ is the Planck constant.

These quasiparticles are called magnons and represent quanta of spin waves. The spin-wave

dispersion relation f(k) defines the dependence ε(p) for magnons. Within such an approach,

any processes of the excitation or damping of coherent spin waves can be regarded as a

creation or annihilation of magnons that have distinct values of f and k. It can be shown,

that the density of magnons corresponding to a specific spin-wave mode is Nf ∝ m2
f , i.e.,

it is proportional to the squared dynamical magnetization (amplitude) mf of the mode [1].

This relation serves as a link between the continuum and quantum approaches. In the rest

of the thesis, we use terms ”spin waves” and ”magnons” interchangeably.

Apart from coherent magnons that can be created by various methods of external exci-

tation, in ferromagnets at any temperature T > 0, there exist noncoherent magnons excited

by thermal fluctuations in the lattice. The distribution of such magnons over the energies

is determined by the magnon spectral density ρ(f) = D(f)n(f), where D(f) is the density
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of magnons states, which can be found from the spin-wave despersion relation, and n(f) is

the distribution function, which defines the number of magnons in a state with energy hf .

From the rigorous quantum theory of spin waves [83], it follows that magnons are quasipar-

ticles with spin equal to unity, i.e., they are boson. Thus, magnons obey the Bose-Einstein

statistics and their distribution function is

n(f) =
1

e
hf−µ
kBT − 1

, (2.11)

where kB is the Boltzmann constant and µ is the chemical potential. The density of magnons

in the magnetic system is then given by

N =

∫ ∞
fmin

ρ(f) df =

∫ ∞
fmin

D(f)n(f) df,

where fmin is the minimum magnon frequency (see Figure 2.4(b)).

As is known from statistical physics [84], if the total number of quasiparticles in the system

is not fixed, the chemical potential of the system µ = 0 at the thermodynamic equilibrium.

Since magnons can be freely created and annihilated due to the energy exchange with the

lattice, their chemical potential is zero. However, one can increase the chemical potential of

the magnons gas by using methods of external excitation, which break the equilibrium with

the lattice. As it can be seen from Equation 2.11, µ cannot be larger than the minimum

energy of magnons hfmin, otherwise n(f) becomes negative. Thus, at a given temperature

T , the condition µ = hfmin corresponds to the critical magnon density NC(T ). If one creates

a system with the density of magnons larger than NC(T ), the part of the external pumped

magnons accumulate in the lowest-frequency magnon state with hfmin forming a macrospocic

coherent quantum state. This phenomena is called Bose-Einstein condensation (BEC) [85,86].

The BEC of magnons was achieved for the first time in 2006 in insulatic magnetic films at

room temerature by means of parametric pumping [87]. Since then, the study of magnon

BEC has remained an active research area due to many unusual and interesting effects related

to it [88–96].

2.5 Nonlinear magnetization dynamics

At low levels of excitation or low temperatures, magnons behave as an ideal gas of quasi-

particles. However, at high levels of excitation or high temperatures, magnons start to

interact with each other, which results in a wide variety of nonlinear phenomena: parametric

and kinetic instabilities of spin waves [1, 24, 25], formation of various spin-wave solitions

[22, 97], spin wave chaos [98], etc. In this section, we discuss two nonlinear effects that are
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especially important for understanding the results of this thesis.

2.5.1 Nonlinear frequency shift

In the linear approximation, the spin-wave frequencies are independent of the precession

amplitude. However, this is not the case in the nonlinear regime. To illustrate this, let us

consider the FMR frequency. The expression for the ”linear” FMR frequency (Equation 2.9)

was derived in the limit of ||m|| � Mz ≈ Ms. In more general case, fFMR can be expressed

as

fFMR = γ/2π
√
H0(H0 + (4π −Na)Mz). (2.12)

which differs from Equation 2.9 by the substitution of Mz for the saturation magnetization

Ms. Since in the micromagnetic approximation the total length of the magnetization vector

remains equal to Ms, Mz =
√
M2

s −m2. Therefore, as the precession amplitude increases (or

in other words, as the number of magnons increases), the z-component of the magnetization

decreases (Figure 2.7) resulting in a change of fFMR - the nonlinear frequency shift.

Figure 2.7 Origin of the nonlinear frequency shift: with the increase of the precession amplitude,
Mz deacreases resulting in a change of the spin-wave frequency.

One can distinguish three cases:

• If the dipolar anisotropy is larger than PMA (4π−Na > 0 in Equation 2.12), the FMR

frequency decreases with increasing amplitude, i.e., the nonlinear frequency shift is

negative (”red”). For example, in in-plane magnetized Py films, the nonlinear frequency

shift is always negative.

• If the shape anisotropy and PMA compensate each other (4π − Na ≈ 0), the spin-

wave frequency does not depend on the amplitude. In this case, the FMR frequency is

determined solely by the Zeeman interaction fFMR = γH0/2π.

• If PMA is larger than the dipolar anisotropy (4π −Na < 0), the FMR decreases with

increasing amplitude, i.e., the nonlinear frequency shift is positive (”blue”).
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2.5.2 Nonlinear damping

Another consequence of the nonlinearity of magnetization dynamics (or, to put it more

precisely, of the LLG equation) is an emergence of the coupling between different spin-wave

modes, which are independent in the linear approximation. This coupling results in a variety

of nonlinear effects. The most important of them is the parametric excitation of secondary

spin-wave modes by the excited dominant mode, when the amplitude of the latter exceeds

certain threshold value. Again, we illustrate this effect on an example of the FMR mode.

It is well-known from the early 50s, that if one excites the FMR mode by a microwave field

and gradually increases the amplitude of the latter, the amplitude of the FMR will stop

to grow after a certain value of the applied microwave power [99, 100]. The effect can be

understood as follows: when the amplitude of the FMR mode exceeds the critical value,

it becomes unstable and two FMR magnons with k = 0 create a pair of magnons with

opposite wavevectors k, −k and equal frequencies due to the four-magnon scattering (Figure

2.8) [101, 102]. As a results, the energy of the dominant mode (in the considered case, the

FMR mode) is redistributed over the spin-wave spectrum. This relaxation mechanism can

be describes as amplitude-dependent nonlinear damping [103–105].

Figure 2.8 Illustration of the four magnon scattering: two FMR magnons (red circles) with k = 0
create a pair of magnons with oppositely directed wavevectors and equal frequencies (blue circles).
Curves are schematic dispersion brunches of the BV spin waves.

We note that the four-magnon scattering depicted in Figure 2.8 is a resonant process, i.e.,

it conserves the total energy and momentum. However, in strongly nonequilibrium magnetic

system, there also exist non-resonant processes [106–109], which cannot be described in terms

of energy- and momentum-conserving magnon-magnon interactions. As we will see below, the

nonlinear damping caused by resonant and non-resonant processes imposes strict limitations

on the operation and efficiency of magnetic nanodevices.
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2.6 Spin Hall effect

In the previous sections, we have reviewed the basics of spin-wave physics. In the re-

maining part of this chapter, we consider the main aspects of magnetization dynamics in the

presence of the so-called spin-orbit torque, and we start our discussion with the concept of a

pure spin current.

In a conventional charge current, spin “up” and “down” electrons flow together, resulting

in a net flow of charge without the simultaneous transfer of spin (Figure 2.9(a)). However,

if one somehow makes ”up” and ”down” electrons to flow in the opposite directions, the

so-called pure spin current will be created - a flow of spin not accompanied by directional

transfer of electrical charge (Figure 2.9(b)) [110].

Figure 2.9 Schematic of a charge current (a) and a pure spin current (b).

Several physical mechanisms can be utilized to create pure spin currents [111]. One

of them is the spin-Hall effect (SHE) [112]. The SHE originates from the spin-dependent

electron scattering in nonmagnetic materials that have strong spin-orbit interaction, such

as platinum (Pt), tantalum (Ta) and tungsten (W). When an electrical current I flows in

the plane of a film made of such a material, electrons with opposite spins are scattered in

the opposite directions (Figure 2.10(a)). This gives rise to a pure spin current Is flowing

out-of-plane, with the polarization σ, perpendicular to the direction of current. Note that

by reversing the direction of the electrical current, one reverses the polarization of the pure

spin current.

Figure 2.10 (a) Electrical current I can be converted into a pure spin current Is due to the SHE
in a film made of a material with strong spin-orbit interaction, such as Pt. (b) Schematic of a
spin-dependent electron scattering from a negatively charged ion in vacuum.
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The main microscopic origin of the SHE is spin-orbit interaction (SOI). To illustrate

how SOI can results in a spin-dependent scattering, let us consider a simple model: a free

electron in vacuum approaches a negatively charged ion with velocity v (Figure 2.10(b)). In

the rest frame of the electron, it experiences a magnetic field H that arises from the Lorentz

transformation of the electrical field E of the ion. The magnetic field H ∝ v×E ∝ v× r ∝
−L, where L is the orbital angular momentum of the electron. The Zeeman energy (see

Equation 2.3) of the electron in this effective magnetic field is EZ = −µ ·H . Since the spin

of the electron s ∝ −µ, the energy EZ ∝ −s · L is called the spin-orbit energy, because it

arises from the interaction between the spin and orbital momentum of the electron. Note

that the effective magnetic field H is inhomogeneous, it becomes weaker as the distance to

the ion increases. As is known from classical electrodynamics, a gradient of the magnetic

field exerts a force on the magnetic moment F = −∇(EZ) = ∇(µ ·H). Therefore, if the

magnetic moment µ of the electron is ”down” and the electron approaches the ion from the

right (left) side, magnetic field and magnetic moment are parallel (antiparallel) and the force

F pushes the electron towards increasing (decreasing field), that is towards the left, as shown

in Figure 2.10(b). In contrast, electrons with magnetic moment ”up” are scattered to the

right, regardless of which side it approaches the ion.

The described spin-dependent scattering of electrons in vacuum is a simple explanation

of the celebrated Mott scattering [113]. In 1971, Dyakonov and Perel were the first to notice

that a similar effect is possible when an electrical current flows through a material with strong

SOI [114]. The prediction went practically unnoticed until 1999, when Hirsch rediscovered

the effect and named it the spin Hall effect due to the similarity to the normal Hall effect [115].

Since then, the SHE has been the object of intensive theoretical and experimental studies

due to the fundamental importance and a host of potential applications [116].

2.7 Spin-orbit torque

If one brings a SHE layer in contact with a ferromagnetic film, the generated pure spin

current Is flows though the interface into the ferromagnet and interacts with its magnetization

M (Figure 2.11(a)). The effect of pure spin current on the magnetization is often described by

an additional torque [117], called the spin-orbit torque (SOT), included in the LLG equation

dM

dt
= −γ(M ×Heff)︸ ︷︷ ︸

precession

+
α

Ms

(M × dM

dt
)︸ ︷︷ ︸

damping

+
β

M2
s

(M × (M × σ))︸ ︷︷ ︸
spin-orbit torque

, (2.13)

where β is a parameter which determines the strength of the SOT. Note that β ∝ J/d,

where J is the density of electrical current and d is the thickness of the ferromagnetic layer.
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Therefore, the effects of the SOT are considerable only in magnetic nanostructures, in which

the thickness of the active magnetic layer does not exceed tens of nanometers and high current

densities can be achieved (1011 − 1012 A/m2).

As can be seen from Equation 2.13, the SOT has the same form as the Gilbert damping

torque, while its sign depends on the polarity of the spin current σ. For one polarization, the

SOT acts in the same direction as the Gilbert torque, creating additional magnetic damping.

However, for the opposite polarization, the SOT acts as an anti-damping torque, as shown

in Figure 2.11(b). Thus, in the framework of Equation 2.13, the effect of the SOT on the

magnetization can be described as a simple modification of magnetic damping. According

to [118], the effective Gilbert constant varies linearly as a function of current

α(I) = α0(1− I/IC) (2.14)

where α0 is the effective damping constant at I = 0, and IC ≈ α0f is the critical current

proportional to the spin-wave frequency. When I reaches the critical value IC, the SOT

completely compensates the damping torque, and one can expect the onset of magnetization

auto-oscillations2, i.e., the steady state precession of the magnetization around the effective

magnetic field (Figure 2.11(c)). Note that according to Equation 2.14, the spin-wave mode

with smallest frequency in the magnetic system is the first to enter the auto-oscillation regime

due to the smallest critical current.

Figure 2.11 (a) Illustration of the injection into a ferromagnetic layer of a pure spin current Is

generated due to the SHE in a Pt film. (b) The injected spin current exerts the SOT on the
magnetization. Under certain conditions, the SOT counteracts the damping torque. (c) When
the magnitude of the SOT reaches a certan critical value, it completely compensates the damping
torque resulting in the onset of steady-state magnetization auto-oscillations.

Let us emphasize that Equation 2.13 is a deterministic equation that describes the magne-

tization dynamics at zero temperature. Thus, it neglects the influence of magnetic fluctuation

2Auto-oscillations can be defined as sustained oscillations in a nonlinear system, generated by an energy
source that lacks any periodicity [119]. In conventional forced and parametric resonant systems, oscillations
are driven by a periodic external force, which defines the amplitude and the frequency of the oscillations.
In contrast, the amplitude and the frequency of auto-oscillations are determined by the properties of the
nonlinear system itself.
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(thermally excited magnons, see Section 2.4) always existing in ferromagnets at T > 0. The

effects of fluctuations can be included in Equation 2.13 as an additional fluctuating thermal

field [120]. By analyzing the stochastic form of Equation 2.13, another important effect of

the SOT was found - namely, the SOT drives the magnetic system out of thermal equilib-

rium resulting in the enhancement or suppression of magnetic fluctuations, depending on

the direction of current [121]. This effect of the SOT can be described in terms of the

current-dependent spectral magnon density

ρ(f, I) =
ρ0

1− I/IC

, (2.15)

where ρ0 = ρ(f, 0) is the spectral magnon density at I = 0 and IC ≈ α0f is the critical

current, at which the spectral magnon density is expected to diverge [122]. As follows from

Equation 2.15, one can expect the strongest enhancement for the lowest-frequency magnons

that exhibit the smallest critical current.

2.8 SOT oscillators

According to the simple picture based on Equation 2.14, the lowest-frequency spin-wave

mode is expected to switch to the auto-oscillation regime as soon as the driving current

reaches the corresponding critical value IC. However, since the SOT not only modifies the

effective magnetic damping but also enhances thermal fluctuations (Equation 2.15), the ex-

perimental demonstration of the excitation of coherent magnetic oscillations by the SOT

turned out to be a nontrivial task. To understand why, let us consider a magnetic system

driven by spatially uniform spin current (Figure 2.12(a)). Figure 2.12(b) shows the current

dependence of the spectral magnon density at fmin (the minimal spin-wave frequency) mea-

sured in such a system. According to Equation 2.15, ρ(fmin, I) should diverge at IC ≈ α0fmin

due to the complete damping compensation, and, at currents above IC, the lowest-frequency

mode can be expected to make a transition to the auto-oscillation regime. Instead, ρ(fmin, I)

saturates when the current approaches the critical value, and starts to decreases at I > IC,

indicating an onset of a new relaxation process that limits the amplitude of the lowest-

frequency mode. The reason is that the SOT simultaneously enhances thermal fluctuations

of all spin-wave modes existing in the magnetic system, i.e., it lacks the mode selectivity.

Consequently, the SOT brings the system in a strongly nonlinear state, where the modes be-

come coupled (see Section 2.5.2). This results in nonlinear damping of the lowest-frequency

mode (the dominant mode) preventing its transition to the auto-oscillation regime. Thus,

application of spatially uniform SOT to an extended magnetic system does not result in the

excitation of coherent magnetization auto-oscillations [121].
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Figure 2.12 (a) Schematic of a simple SOT device driven by spatially uniform spin current. Due
to the onset of nonlinear damping, coherent auto-oscillations in such a system are not possible. (b)
Current dependence of the normalized spectral magnon density at fmin measured in a system shown
in (a). The data are adapted from [121]. (c) Schematic of a nano-gap SOT-oscillator. Due to the
local injection of spin current into the area between the electrodes, the adverse effects of nonlinear
damping are suppressed, and the system can make a transition to the auto-oscillation regime. (d)
Current dependence of the normalized spectral magnon density at fmin measured in a system shown
in (c). The data are adapted from [55].

However, a way to overcome the detrimental effects of nonlinear damping was soon found.

The approach is based on a local injection of spin current into a nano-scale region of an

extended magnetic film (Figure 2.12(c)) [68]. In this localized active area, the SOT enhances

a large number of different spin-wave modes, as discussed above. Since the high-frequency

spin waves have large group velocities (see the spin-wave spectrum in Figure 2.4(a)), they

quickly escape from the active region, resulting in their efficient suppression by the radiation

losses. Meanwhile, the low-frequency modes have much smaller group velocities, and therefore

their radiation losses are minimal. Since magnon–magnon scattering rates are proportional

to the populations of the corresponding modes, the radiation of high-frequency incoherent

magnons from the active area results in reduced nonlinear damping of the lowest-frequency

mode. Figure 2.12(d) demonstrates the current dependence of the spectral magnon density

at fmin measured in the system shown in Figure 2.12(c). As can be seen from the data,

ρ(fmin, I) rapidly increases at I > IC and becomes two orders of magnitude larger than its

equilibrium value, indicating the transition of the system to the auto-oscillation regime.

The above-described approach enabled the excitation of coherent magnetic auto-oscillations

by the SOT in 2012 [55]. This work initiated intense experimental and theoretical studies
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of the devices known today as SOT oscillators [68, 69]. Thanks to the flexible layout and

the simplicity of fabrication, a large variety of SOT oscillators with different materials and

geometries has been proposed and experimentally demonstrated [123–132]. SOT oscillators

exhibit good oscillation characteristics at room temperature [133–135], they are CMOS com-

patible [136], and it is possible to utilize arrays of SOT oscillators to perform neuromorphic

computations [137, 138]. All these features make these devices very promising for a wide

range of practical applications [69].
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Chapter 3

Methods

3.1 Brillouin light scattering spectroscopy

There are many experimental methods to detect spin waves: inelastic neutron scattering

[139], electronic microwave spectroscopy [46], time-resolved Kerr [140] and X-ray microscopies

[141], magnetometry based on nitrogen-vacancy centers in diamond [142], etc. However,

probably the most powerful and versatile tool is Brillouin light scattering (BLS) spectroscopy

[143–145], as it allows frequency-, time-, space- and wavevector-resolved studies of spin-

wave dynamics. BLS spectroscopy was used as the primary experimental tool for obtaining

the results presented in Chapters 4-6, so in this section we briefly cover the basics of this

technique.

3.1.1 Principles of BLS

The operation principle of the BLS technique relies upon the inelastic scattering of pho-

tons from magnons. When light interacts with a magnetic material, a photon can create

(the so-called Stokes scattering process) or absorb (the anti-Stokes process) a magnon as

schematically shown in Figure 3.1. Since, during these scattering processes, the total en-

ergy and momentum are conserved, the energy hfS and the momentum h̄kS of the scattered

photon are given by

hfS = hfI ∓ hfM h̄kS = h̄kI ∓ h̄kS,

where hfI and h̄kI are the energy and the momentum of the incident photon, hfM and h̄kM

are the energy and the momentum of the created/annihilated magnon. As follows from

these relations, the scattered light carries information about the probed spin wave. Thus, by

measuring the frequency shift |fS − fI|, one can obtain the value of the spin-wave frequency

fM while the spin-wave wavector kM can be determined from the scattering geometry, i.e.,
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the incidence and detection angle of the light.

Figure 3.1 Schematic representation of the Stokes (a) and anti-Stokes (b) scattering processes.

To perform such measurements, a source of highly monochromatic light is required. In a

typical BLS experiment a solid-state laser is used with a wavelength of λ = 532 nm, which

corresponds to the frequency fI of about 600 THz. However, the characteristic frequencies

of magnons fM studied in this thesis are of order of tens GHz, which are many orders of

magnitude smaller than fI. Therefore, a high-resolution spectrometer is needed to detect

such small shifts in the frequency of the scattered light. Usually is such cases, a Fabry-Perot

interferometer (FPI) in used as a frequency analysis tool.

Figure 3.2 (a) Schematic of a Fabry–Perot interferometer (FPI). (b) Transmission of the FPI as a
function of the distance d between the mirrors.

A simple FPI consists of two parallel highly-reflective mirrors placed at distance d from

each other (Figure 3.2(a)). When monochromatic light with the wavelength λ and with the

intensity I0 is incident perpendicularly on the FPI, it undergoes interference due to multiple

reflections between two inner surfaces of the mirrors. As a result, the intensity of the transited

light IT depends on d and is given by

IT =
rI0

1 + (4F 2/π2)sin2(2πd/λ)
, (3.1)

where r < 1 is a parameter, which characterizes the losses in the system, and F is a quality

factor called the finesses, which depends mainly on the reflection coefficient of the mirrors

[143]. The dependence IT(d) is shown in Figure 3.2(b) (note the logarithmic scale). As
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can be seen from the data, only light of wavelengths satisfying the interference conditions

λ = 2d/m is transmitted, where m = 1, 2, 3.. is an integer number. Thus, by varying the

mirrors spacing d (usually it is done by means of piezoelectric transducers), one can scan the

intensity of the light at different wavelengths and thus analyze its frequency spectrum.

The period between successive transmitted frequencies is called the free spectral range

(FSR) and is given by ∆f = c/2d, where c is the speed of light. The FSR is the maximum

frequency range accessible by the interferometer before the higher transmission orders appear

in the spectrum. Therefore, an unambiguous interpretation of the spectrum is possible only

if the spectrum lies entirely within the FSR. It might seem that one can make the FSR

arbitrary large by decreasing d. However, as follows from Equation 3.1, the FSR is related

to the full width at half maximum δf of the transmission peaks through the finesses F =

∆f/δf . The width δf determines the frequency resolution of the interferometer, i.e., the

minim frequency difference between two point in the spectrum that can be distinguished

experimentally. Therefore, with decreasing d, the FSR increases but the frequency resolution

deteriorates, and vice versa.

Another important parameter of the FPI is contrast, which is defined as a ratio of the

maximal transmitted intensity to the minimal one, CFPI = Imax/Imin ≈ F 2. Due to the

existing limitations on the quality of the mirrors, the finesses F cannot be made much greater

than 100, and therefore CFPI ≈ 104. This means that, in the case of a conventional FPI,

a parasitic background with the intensity 10−4 of the incident light exists in the spectrum.

Since the typical intensity of BLS from magnons is < 10−8 of the incident light, the contract

of a single FPI is insufficient to resolve rather weak BLS signals from magnons masked by

the strong parasitic background.

As follows from these arguments, a high-resolution and high-contrast spectrometer with

large FSR is required to enable the BLS measurement of the magnon spectrum. A tool

satisfying these requirements was developed by Sanderock in the early 70s [146, 147] and is

shown in Figure 3.3(a). It is a tandem six-pass Fabry-Perot interferometer (TFPI), which

consists of two Fabry-Perot etalons FPI1 and FPI2. The first interferometer of spacing d1

transmits λ1 = 2d1/m1 for integer m1, while the second interferometer of spacing d2 transmits

λ2 = 2d2/m2 for integer m2. Only if the light wavelength λ = λ1 = λ2, it will be transmitted

though the combination of etalons. Therefore, if one independently sets the spacings d1

and d2 so as to transmit a given wavelenght λ, the neighboring transmission peaks will not

coincide and only their ”ghosts” will remain in the combined (tandem) transmission (Figure

3.3(b)). The FSR of the system is thus increased by a considerable factor over that of a

single FPI, while the frequency resolution δf remains the same. Typical frequency resolution

of the TFPI is δf ≈ 100MHz for the FSR of 10 GHz. As can be seen from Figure 3.3(a), the

beam of light passes each etalon three times before it is guided to a photon detector. In this
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case, the resultant contrast of the TFPI is CTFPI = C6
FPI ≈ 1024. Note that this value is a

theoretical upper bound and the experimentally achievable values of CTFPI are smaller than

1015. Nevertheless, they are high enough to enable detection of BLS signals from magnons.

Figure 3.3 (a) Schematics of a tandem Fabry-Perot interferometer (TFPI). (b) Transmission curves
of the two etalons, FPI1 and FPI2, characterized by a slightly different mirror spacing, compared
with that of the tandem operation. Only ghots peaks of neghiboring orders remain in the tandem
transmission.

3.1.2 Micro-focus BLS

Since the lateral dimensions of the samples studied in this thesis do not exceed a few

micrometers, we utilized a variation of the BLS technique called micro-focus BLS (µBLS)

[148–150], which offers high spatial resolution at expense of wavevector resolution. The main

components of the µBLS setup are shown in Figure 3.4 (a). The probing light generated by

a laser with the wavelength λ = 532 nm is focused on the sample surface into a diffraction-

limited spot by using a microscope objective lens. To avoid the heating of the sample by the

focused light, the laser power is usually set below 1 mW. As discussed above, the probing

light interacts with magnetic oscillations in the sample, which causes the frequency change

of the scattered light. The inelastically scattered light is collected by the same objective lens

and sent to the TFPI for frequency analysis. The frequency-selected light transmitted by the

TFPI is detected by a photon detector.

Figure 3.4(b) shows a typical BLS spectrum. The intense central peak corresponds to a

reference laser beam that enters the interferometer though the strongly attenuated channel.

The frequency of the reference beam marks the zero position in a BLS spectrum. The central

peak is accompanied by two satellites resulting from the Stokes and anti-Stokes scattering

processes. The frequency shift of the satellites is equal to the frequency of the probed

magnetic oscillations. Meantime, their intensity (referred to as BLS intensity) at a given

frequency is proportional to the intensity of magnetization oscillations at this frequency and

at the position of the probing spot. The latter fact allows one to directly image the spatial

distribution of magnetic oscillations by rastering of the probing spot over the sample surface.
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To enable these spatially-resolved measurements, the sample is mounted on a piezoelectric

stage. The spatial resolution of such measurements is determined by the size of the probing

laser spot. We also note that by using a stroboscopic detection technique, one can perform

time-resolved µBLS measurements that allows one to investigate the magnetization dynamics

in the time domain with a time resolution of about 1 ns [149].

Figure 3.4 (a) Schematic of the main components of the µBLS setup. (b) Representative BLS
spectrum of thermal magnetic fluctuations measured in a 10 nm thick Py film magnetized in-plane
by the external field H0 = 1000 Oe.

One particular advantage of BLS over all other techniques is its unmatched sensitivity

[143]. In particular, the BLS spectroscopy is capable of detecting thermally excited magnons,

naturally existing in magnetic material at non-zero temperatures (see Section 2.4). BLS

intensity of magnetic fluctuations is proportional to the reduced spectral density of thermal

magnons

IBLS ∝
∼
ρ(f) =

∼
D(f)n(f), (3.2)

where
∼
D(f) is the reduced density of states, which is calculated by integration over the

wavevectors of magnons accessible to µBLS [144]. The cutoff wavevector limiting the sen-

stivity of the setup can be estimated as kmax ≈ 15 µm−1 [148]. Thus, the resulting BLS signal

from magnetic fluctuations contains contributions from all thermal magnons within a range

of wavevectors 0 - kmax (Figure 3.4(b)). Let us also emphasize that the sensitivity of the

µBLS technique to a specific spin-wave mode continuously decreases with the increase of the

mode wavevector [151].
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3.2 Micromagnetic simulations

Although the µBLS technique can simultaneously deliver spectral, spatial and temporal

information on dynamical processes in magnetic materials, this is often not enough to un-

ambiguously interpret the experimental data. In such cases, theoretical analysis is needed.

However, since the LLG equation is a nonlinear integro-differential equation, it can be solved

analytically only in a few specific cases. Therefore, numerical micromagnetic simulations are

a valuable tool for gaining a better understanding of the observed phenomena [152–154].

As the name suggests, the key idea of micromagnetic simulations is to solve the LLG

equation numerically. To realize this, one has to approximate the continuum theory as a

discrete problem. In this thesis, we utilize the open-source software Mumax3 [155] that

employs a finite difference method. Within this approach, a given geometry is divided in

a regular mesh of rectangular cuboids. Consequently, field quantities are approximated by

discrete values on this spatial grid and the derivatives by finite differences.

In general, micromagnetic simulations involve four stages:

• First, one has to set up material (the values of Ms, Aex, α, etc.), geometric (the shape

of the studied ferromagnetic body) and simulation (the cell size, the total simulation

time, the type of boundary conditions, etc.) parameters. It is also necessary to define

the direction and magnitude of the external static magnetic field.

• Second, the total energy of the system is minimized in order to find the equilibrium

magnetization configuration.

• In the third stage, the system is perturbed from its equilibrium state. This can be done

in a number of ways. For example, time- and space-dependent microwave fields can

be added to the model. Magnetization dynamics can be also excited by applying the

SOT.1 However, the most straightforward method is to deflect magnetic moments from

their equilibrium orientation by a certain angle.

• Finally, Mumax3 calculates the time- and space-dependent magnetization dynamics by

solving Equation 2.1 over a given period of time. Once the simulation is done, the

recorded data undergoes post-processing.

1In this case, Mumax3 solves Equation 2.13 instead of the conventional LLG equation.
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Chapter 4

Effects of the SOT on a magnon gas

4.1 Spectral and thermodynamic characteristics of a

magnon gas driven by the SOT

4.1.1 Motivation

As discussed in Section 2.7, the SOT not only modifies the effective magnetic damping

but also drives the magnetic system out of thermal equilibrium that results in either enhance-

ment or suppression of magnetic fluctuations, depending on the direction of current. These

processes can be equivalently described as generation or annihilation of a large number of

incoherent magnons spread over a broad interval of frequencies. The case of excitation of

incoherent magnons is particularly interesting and important, since magnetic fluctuations en-

hanced by the SOT strongly influence the characteristics of current-induced auto-oscillations.

Therefore, two questions arise:

• What is the distribution of magnons excited by the SOT? The SOT is a non-selective

excitation mechanism, i.e., it changes magnon populations throughout the entire spec-

trum. According to the theoretical considerations (Equation 2.15), the SOT efficiency

decreases with increasing magnon frequency. Therefore, one can expect that the SOT

overpopulates the magnon state corresponding to the minimum magnon frequency.

However, it is widely believed that current-driven auto-oscillations usually involve the

FMR mode of the system, which for in-plane magnetized systems is not the lowest-

frequency mode [156]. For a long time, there was no experimental evidence that could

unambiguously confirm one of these points of view.

• Does the magnon distribution correspond to a quasi-equilibrium state that can be de-

scribed by the effective thermodynamic characteristics? Recent theoretical studies

claimed that the SOT can drive a magnon gas into a quasi-equilibrium state described
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by the Bose-Einstein statistics with non-zero chemical potential, suggesting a relation

between current-driven auto-oscillations and BEC of magnons [157–159]. However, for

a long time, there was no direct experimental evidence that the state of a magnon gas

subjected to the SOT can be treated thermodynamically.

The answers to these two questions are important for a better understanding of the

nature of SOT-driven magnetization auto-oscillations, for optimization of their oscillation

characteristics for practical applications, and for establishing their connection with such a

fundamental effect as magnon BEC. We address both of these questions in this section. The

results presented below were published in Nature Communications 8, 1579 (2017).

4.1.2 Studied system

Figure 4.1 Schematic of the experiment.

Figure 4.1 shows the layout of the test devices. They consist of a 2 µm-wide and 5 nm-

thick Pt strip overlaid by a 1 µm-wide, 10 nm-thick and 15 µm-long Py strip. The system is

magnetized by the static magnetic field H0 applied along the Py strip. The electric current

I flowing in Pt is converted by the SHE into a spin current IS injected into Py through the

Py/Pt interface. The spin current exerts the SOT on the Py magnetization M that results

in a decrease or an increase of the magnon population, depending on the direction of current.

We note that the design of the system shown in Figure 4.1 is substantially different from

those utilized in the previous works on the excitation of magnetization dynamics by the SOT

(see, for example, Figure 2.12 (c)). There are several key differences:

• Devices optimized for efficient excitation of auto-oscillations by the SOT were based on

5 nm-thick or even thinner ferromagnetic layers. The magnon dispersion is very flat in

such thin films, resulting in a narrow frequency range accessible to BLS. Therefore, we

base our test devices on a 10 nm-tick Py film whose relatively large thickness results in
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a sufficiently steep dispersion spectrum of magnons, providing experimental access to

the magnon states over a sufficiently broad range of frequencies.

• Because of the spectral degeneracy, all SOT oscillators studied so far did not allow one

to experimentally distinguish the FMR mode from the lowest-energy mode, which is

necessary to answer the questions posed in the motivation section. To overcome this

difficulty, we patterned our Py film into a narrow and long wire with the magnetization

directed along its axis. The quantization of magnon spectrum in the transverse direction

removes the frequency degeneracy of the low-energy magnon modes, enabling us to

experimentally distinguish the FMR mode from the lowest-frequency mode.

• In all SOT oscillators demonstrated up to now, the static configuration of the magne-

tization was not spatially uniform due to the geometrical effects and the non-uniform

Oersted fields of the driving current, resulting in a complex dispersion spectrum that

strongly varied with current. However, thanks to the large aspect ratio of the Py wire

used in this study, the internal static magnetic field and the static magnetization are

uniform in the active device area, avoiding magnon edge states that could complicate

the magnon spectrum. The geometry of the sample also produces a uniform Oersted

field of the driving current in the active device area, resulting in a negligible current-

induced distortion of the magnon spectrum.

4.1.3 Results and discussion

Figure 4.2 (a) BLS spectrum of magnons in the Py strip measured at I = 0 and H0 = 200 Oe.
Shaded area shows the calculated BLS response for the fundamental magnon mode m = 1. Hori-
zontal dashed lines mark the frequency fmin of the lowest-energy magnon state and the frequency
fFMR of the FMR mode. (b) Calculated dispersion of magnon modes in the Py strip. m is the
mode index.
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Figure 4.2(a) shows a representative BLS spectrum recorded at H0 = 200 Oe and without

dc current (I = 0) that characterizes the magnons present in Py due to thermal fluctuations

at room temperature T0 = 295 K. The thermal spectrum exhibits a peak with the highest

intensity in the freqeuncy range f = 4−5.5 GHz, and a shallow high-frequency tail extending

to 9 GHz. To elucidate the origin of these spectral features, we calculate the spin-wave

dispersion in the Py strip (Figure 4.2(b)) by using the approach described in Section 2.3.1.

The magnon spectrum is quantized in the direction tranverse to the Py stripe, and is continues

in longitudinal direction. The allowed tranverse components are kx = πm/w, where w

is the width of the Py strip, and positive integer m is the mode index. Because of the

dependence of the BLS sensitivity on the wavevector, the fundamental mode m = 1 provides

the largest contribution to the measured BLS spectrum, producing the peak observed at

f = 4 − 5.5 GHz, as indicated in Figure 4.2(a) by the shaded area (the BLS response was

calculated by using Equation 3.2). Despite the reduced BLS sensitivity to the higher-order

modes, it allows measurements of the magnon population in a broad range of frequencies up

to f = 9 GHz. Our measurements also provide an opportunity to distinguish between the

FMR mode with kz = 0 and the lowest-energy finite-wavevector magnon state at frequency

fmin (Figure 4.2(b)), as their frequency separation of about 0.8 GHz is significantly larger

than the frequency resolution of the BLS technique. We use the spectrum shown in Figure

4.2(a) as a reference spectrum for the analysis presented below.

Figure 4.3 (a) and (b) Representative BLS spectra measured at I = −20 mA and 20 mA, respec-
tively, together with the reference spectrum obtained at I = 0. (c) Current dependences of the BLS
intensity integrated over the measured spectrum (solid squares) and of the frequency of the lowest-
energy magnon state fmin (open squares). Solid curve is a guide for the eye. Dashed line shows
the calculated variation of fmin due to the Oersted field of the current. The data were obtained at
H0 = 200 Oe.

The effects of the SOT on the magnon gas are illustrated in Figures 4.3(a) and 4.3(b) that

show BLS spectra measured for I = −20 mA and 20 mA together with the reference thermal

spectrum (I = 0). As can be seen from the data, at I < 0 the BLS intensity decreases and
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the spectrum shifts to higher frequencies. In contrast, at I > 0 the BLS intensity increases,

whereas the spectrum shifts to lower frequencies.

To quantify these changes, we plot the current dependence of the BLS intensity integrated

over the measured spectrum and that of the lowest magnon frequency fmin in Figure 4.3(c).

The integral BLS intensity characterizes the total number of low energy magnons accessible to

BLS, and its dependence on current is consistent with the expected reduction/increase of the

magnon population by the SOT [121]. The dependence of fmin on current can be attributed

to the combination of the Oersted field of the current1 and the nonlinear frequency shift

(Section 2.5.1) due to the effect of the SOT and Joule heating on the magnon population.

The calculated contribution of the Oersted field is shown in Figure 4.3(c) by the dashed

curve. The experimental data closely follow this dependence at |I| < 10 mA, and deviate

from it at larger current magnitudes. The deviation is larger at I > 0 than at I < 0. As

Joule heating does not depend on the sign of current, we conclude that the total magnon

population that determines the effective magnetization is significantly affected by the spin

current.

To analyze the spectral distribution of spin current-driven magnon population, we com-

pare the reference spectrum obtained at I = 0 with those obtained at finite currents. At

I = 0, the magnon gas is in thermal equilibrium, with the temperature equal to the room tem-

perature T0 = 295 K and the chemical potential µ = 0 (see discussion in Section 2.4). Accord-

ing to Equation 3.2, the measured BLS intensity is proportional to the reduced spectral den-

sity of magnons
∼
ρ0(f) =

∼
D(f)n0(f), where n0(f) is the Bose-Einstein distribution (Equation

2.11). Since the energies of magnons studied in our experiment hf � kBT0, the Bose-Einstein

distribution can be well approximated by the Rayleigh-Jeans law n0(f) = kBT0/hf . At finite

current, ρI(f) = D(f)nI(f) with a current-dependent distribution nI. If the magnon gas is

driven into a quasi-equilibrium state, this distribution can be written as nI = kBTeff/(hf−µ),

with effective temperature Teff and chemical potential µ. The reduced density of states
∼
D(f)

is not expected to be influenced by the SOT, aside from the frequency shift discussed above.

Therefore, the ratio of the BLS signals measured with and without current, or equivalently

the frequency-dependent enhancement of the magnon population, is

R(f) =
Teff

T0

f

f − µ/h
. (4.1)

This relation allows us to test whether the current-dependent magnon populations are well

described by the quasi-equilibrium distribution, and extract the current-dependent values of

Teff and µ. Note that the roles of these parameters in Equation 4.1 are qualitatively different:

variations of Teff result in frequency-independent scaling of R(f), whereas µ > 0 produces a

monotonically decreasing dependence R(f) approaching 1 at large f .

1The Oersted field produced by the driving current modulates H0 and thus changes the Zeeman energy.
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Figure 4.4 (a) and (b) BLS spectra recorded at I = −20 mA and 20 mA, respectively, together
with the reference spectrum obtained at I = 0 shifted in frequency by the value determined from
the data of Figure 4.3(c). Vertical dashed lines in (b) mark the frequency fmin of the lowest-energy
magnon state and the frequency fFMR of the FMR mode. Note the logarithmic scale on the vertical
axis. (c) The ratio of the spectra shown in (a). Solid line is the mean value of the ratio. (d) The
ratio of the spectra shown in (b). Solid curve is the fit of the ratio by Equation 4.1, with T = T0

and µ/h = 3.94 GHz.

Figures 4.4(a) and 4.4(b) show on the log-linear scale the BLS spectra recorded at I = −20

and 20 mA, respectively, together with the reference spectrum obtained at I = 0 shifted in

frequency by the value determined from the data in Figure 4.3(c). The data in Figure 4.4(a)

illustrate that at I < 0, the magnon populations decrease approximately uniformly over the

entire frequency range of the detected spectrum. In contrast, the increase of the population

at I > 0 (Figure 4.4(b)) is most significant at the frequency fmin of the lowest-energy magnon

state, and it rapidly decreases with the increase in the frequency of magnons. We emphasize

that the population increase at the frequency fFMR of the FMR mode is smaller by more

than a factor of two than that at fmin.

Figures 4.4(c) and 4.4(d) show the ratio of the spectra obtained with and without current.

For I = −20 mA (symbols in Figure 4.4(c)), this ratio is independent of frequency. According

to Equation 4.1, this indicates that the dominant effect of spin current at I < 0 is the

reduction of the effective temperature, Teff = (0.76 ± 0.01)T0 = 224 ± 3 K at I = −20 mA,

whereas µ is zero within the measurement error. The frequency-dependent enhancement of

the magnon population at I = 20 mA (symbols in Figure 4.4(d)) is also well described by

Equation 4.1. In this case, a good fit is achieved with Teff ≈ T0, and the effective chemical
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potential in the frequency units µ/h = 3.94± 0.02 GHz (solid curve in Figure 4.4(d)).

Figure 4.5 (a) Current dependence of the effective temperature of the magnon gas at I < 0. Curve
is a guide for the eye. (b) Current dependence of µ/h (point-up triangles) and of the frequency of
the lowest-energy magnon state fmin (point-down triangles) at I > 0. Solid curve is a guide for the
eye. Dashed line is the linear fit at small currents, with IBEC

C marking the extrapolated value of
current, at which the formation of magnon BEC is expected. (c) The inverse BLS intensity at fmin

vs current. Dashed line is the linear fit at small currents, with Iauto
C marking the extrapolated value

of current, at which the onset of coherent magnetization auto-oscillations is expected.

Figures 4.5(a) and 4.5(b) summarize the results of the same analysis performed for differ-

ent currents. The decrease of the effective temperature with increasing magnitude of I < 0

(Figure 4.5(a)) gradually saturates at large currents, which can be attributed to Joule heat-

ing that competes with the effects of spin current. At I > 0, the effective chemical potential

increases linearly up to I = 15 mA (Figure 4.5(b)), reaching 80% of hfmA at this current.

Thus, our results show that, at I < 0, the dominant effect of the spin current is the variation

of the effective temperature, while at I > 0, the dominant effect is the change of the chemical

potential. We note that this does not indicate that the chemical potential is exactly equal

to zero at negative currents or that the effective temperature remains exactly equal to the

room temperature at positive currents. Instead, we can only ascertain that the variation of

these parameters is too small to be reliably determined from the experimental data.

Extrapolating the linear dependence of the chemical potential (dashed line in Figure

4.5(b)) to larger currents, one would expect that it reaches the energy of the lowest magnon

state at I = IBEC
C ≈ 17.5 mA, which should result in the formation of the BEC of magnons.

Instead, the growth of µ rapidly saturates at I > 15 mA. This result is consistent with the

previous studies (see discussion in Section 2.8), which showed that single-frequency current-

driven magnetization dynamics cannot be achieved by injection of spin current into an ex-

tended region of the magnetic film, due to the onset of nonlinear damping that suppresses the

population of low-energy magnon states [121]. Thus, this experimental observation suggests

a relation between the current-induced variation of the effective chemical potential and the

current-induced magnetic auto-oscillations.
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To elucidate this relation further, we compare the critical current IBEC
C determined from

the condition µ/h = fmin (Figure 4.5(b)) with the current Iauto
C corresponding to the onset of

coherent magnetic auto-oscillations. According to Equations 2.15, the inverse of the magnon

spectral density ρ(f, I) should exhibit a linear dependence on current, extrapolating to zero

at I = Iauto
C . Since the BLS intensity is proportional to ρ(f, I), the value of Iauto

C can

be determined from the analysis of the inverse BLS intensity. As expected, this quantity

linearly depends on current (Figure 4.5(c)) with the extrapolated intercept at Iauto
C ≈ 18 mA

close to IBEC
C ≈ 17.5 mA, confirming a connection between SOT-driven auto-oscillations and

magnon BEC.

Figure 4.6 Static-field dependences of d(µ/h)/dI, the efficiency of SOT-driven chemical potential
variation in frequency units (point-up triangles), and of JC, the critical current density in Pt at
which the chemical potential is expected to reach the energy of the lowest magnon state (point-down
triangles). Curves are guides for the eye.

Finally, we analyze the effects of the static magnetic field H0 on the spin current-driven

variations of the effective chemical potential. Measurements similar to those discussed above

were performed at fields ranging between 100 and 500 Oe. While the observed behaviors

remained similar over the entire field range, the efficiency of the chemical potential variation

by the spin current strongly depended on field. Since the dependence µ(I) is linear at

moderate I > 0 (dashed line in Figure 4.5(b)), the spin-current efficiency can be characterized

by the slope d(µ/h)/dI, as shown by the point-up triangles in Figure 4.6. It rapidly increases

with increasing small field, plateaus at H0 = 300 Oe, and gradually decreases at larger

fields. By extrapolating the linear dependence , we determine the critical electrical current

density JBEC
C in Pt, at which the chemical potential would reach the energy of the lowest

magnon state in the absence of nonlinear damping and magnon BEC would form (point-

down triangles in Figure 4.6). This dependence reaches a minimum at H0 = 150 Oe, and

linearly increases at larger fields. We note that a similar dependence has been previously

observed for the critical current densities Jauto
C corresponding to the onset of coherent auto-

oscillations in SOT oscillators [68]. Moreover, the typical values of Jauto
C are very close to the

values of JBEC
C extrapolated from our measurements. These observations serve as additional
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confirmation of a close relation between current-induced magnetization auto-oscillations and

BEC of magnons.

4.1.4 Conclusions

In conclusion, our results provide answers to both questions posed in the motivation

section:

• What is the distribution of magnons excited by the SOT? Figure 4.4(b) shows the

spectral distribution of spin current-driven magnon population. The enhancement of

the magnon population is most significant at low frequencies and rapidly decreases

with the increase in the frequency of magnons. The data clearly demonstrate that the

lowest-energy state is predominantly overpopulated due to the injection of the pure spin

current, thus resolving the long-standing debate in the studies of spin current-induced

effects.

• Does the magnon distribution correspond to a quasi-equilibrium state that can be de-

scribed by the effective thermodynamic characteristics? Yes, our results provide direct

spectroscopic evidence that the SOT drives a magnon gas into a quasi-equilibrium

state that can be described by the Bose-Einstein statistics. The magnon population

function is characterized either by an increased effective chemical potential or by a

reduced effective temperature, depending on the spin current polarization (Figures

4.5(a) and 4.5(b)). In the former case, the chemical potential can closely approach,

at large driving currents, the lowest-energy magnon state, indicating the possibility of

spin current-driven Bose–Einstein condensation. Our findings also provide support for

the theoretically proposed mechanism for formation of current-induced magnetization

auto-oscillations via the Bose–Einstein condensation of magnons [157–159].

4.2 Instability of SOT-driven magnon condensates

4.2.1 Motivation

One of the results of the previous section is that SOT-driven Bose–Einstein condensation

of magnons cannot be achieved when a spin current is injected into an extended region of

a magnetic film. The reason is the onset of nonlinear damping at large currents, which

suppresses the formation of a condensate. One way to reduce nonlinear damping is to utilize

local injection of spin current that results in frequency-dependent magnon radiation losses

(see Section 2.8). Therefore, we modify the design of the system discussed in the previous
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section to enable radiation losses and study its SOT-induced magnetization dynamics. The

results presented below were published in Applied Physics Letters 114, 042403 (2019).

4.2.2 Studied system

Figure 4.7 (a) Schematic of the experiment. The inset illustrates the local injection of the spin
current into the Py layer in the nano-gap between the electrodes. (b) Normalized calculated distri-
bution of the driving current density in the plane of the Pt layer.

Figure 4.7(a) shows the layout of the test devices. They are based on a bilayer formed

by a 4 nm-thick Pt and a 5 nm-thick Py film, patterned into a square with the side of 5 µm.

Two 80 nm-thick Au electrodes separated by a 250 nm-wide gap are fabricated on top of the

bilayer. The electrodes are patterned into a trapezoidal shape converging to a 1.8 µm-wide

base at the gap. A dc current I is applied between the electrodes. Because of the large

difference between the sheet resistances of the electrodes and the Py/Pt bilayer, the electric

current in the Py/Pt bilayer is confined predominantly to the region in the gap between the

electrodes (Figure 4.7(b)). As a result, the spin current generated due to the SHE in Pt, is

injected locally into the Py layer (inset in Figure 4.7(a)), defining the active device area.

The Py thickness was chosen to be 5 nm to prevent destruction of the samples due to

electromigration and overheating, as current spreading in the device plane results in high

operating current densities. However, we note that except for a reduced thickness of the Py

layer and a modified geometry of the spin current injection, the system shown in Figure 4.7

is conceptually similar to that studied in the previous section (see Figure 4.1) because:

• The internal static magnetic field and the static magnetization are uniform in the active

device area due to the large aspect ratio of the Py square.
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• The driving current produces a relatively small and uniform Oersted field in the nano-

gap region that results in negligibly small distortions of the spin-wave spectrum.

4.2.3 Results and discussion

Figure 4.8 BLS spectra measured at the labeled values of the driving current. Vertical dashed
lines mark the FMR frequency fFMR. The data were obtained at H0 = 500 Oe.

Figures 4.8(a) and 4.8(b) show the BLS spectra recorded at different values of current I,

with the probing spot positioned in the center of the gap between the electrodes. At I = 0,

the BLS spectrum reflects incoherent thermal magnons in the Py film (Figure 4.8(a)). In the

studied 5 nm-thick Py film, the lowest magnon frequency is only about 10 MHz lower than

the FMR frequency fFMR. Such a small spectral separation is below the frequency resolution

of the BLS technique. Therefore, we assume that the thermal spectrum shown in Figure

4.8(a) has the maximum intensity at fFMR. At I > 0, the thermal fluctuations are enhanced

and a narrow peak gradually emerges in the spectrum (Figure 4.8(a)). This peak grows with

increasing current, while its frequency slightly decreases due to the nonlinear frequency shift

(Figure 4.8(b)).

Figure 4.9(a) shows the inverse of the measured BLS intensity as a function of driving

current I. As expected (see discussion in Section 4.1), the data exhibit a linear dependence

on current, extrapolating to zero at IC ≈ 33 mA. Thus, at I = IC, one can expect a transition

to a single-mode auto-oscillation regime and, according to the results of the previous section,

a formation of magnon BEC. Instead, as soon as the driving current reaches the critical value,

a second peak with the frequency significantly below fFMR appears in the spectrum (Figure

4.9(b)), indicating that the system actually makes a transition to a two-mode auto-oscillation

regime. At I > IC, the intensities of both the high-frequency (HF) and the low-frequency

(LF) peaks increase, and the LF peak starts to dominate at large currents.
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Figure 4.9 (a) Current dependence of the inverse BLS intensity at fFMR. Dashed line is the linear
fit of the data. IC marks the extrapolated value of current, at which the onset of coherent magnetic
auto-oscillations is expected. (b) BLS spectra measured at the labeled values of the driving current.
Vertical dashed line marks the FMR frequency. The data were obtained at H0 = 500 Oe.

To elucidate the nature of the observed modes, we analyze the dependences of their peak

intensities and central frequencies on current (Figures 4.10(a) and (b)). The intensity of the

LF mode (open symbols in Figure 4.10(a)) is significant even at the critical current, while

its frequency (open symbols in Figure 4.10(b)) is far below the FMR frequency fFMR. These

results demonstrate that the LF mode does not have a counterpart in the linear spin-wave

spectrum but is instead abruptly spontaneously formed at the auto-oscillation onset, which

is one of the essential characteristics of a nonlinear spin-wave bullet.2 Thus, we conclude

that the LF mode is the bullet mode.

Figure 4.10 (a) Peak intensities and (b) center frequencies of the high-frequency (HF) and low-
frequency (LF) modes vs current I. Vertical dashed lines marks the critical current IC. Horizontal
dashed line marks in (b) marks the FMR frequency fFMR. The data were obtained at H0 = 500 Oe.

After establishing the nature of the LF mode, we discuss the nature of the HF mode.

As the current is increased, the intensity of the HF mode (solid symbols in Figure 4.10(a))

2Nonlinear spin-wave bullets are self-localized dynamical solitons existing in in-plane magnetized ferro-
magnetic films [160,161].
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continuously evolves from the fluctuation background, while its frequency (solid symbols

in Figure 4.10(b)) remains close to fFMR and varies smoothly in the vicinity of IC. These

observations, together with the results of the previous section, suggest that the HF mode

originates from the accumulation of magnons in the lowest-frequency state and might be

magnon BEC. But how can one unambiguously prove it? According to the established

criteria, the spontaneous emergence of coherence is one of the most prominent properties of

BEC, and the most convincing way to demonstrate it is an experiment showing interference

between two condensates. For atomic condensates this can be done by preparing two separate

condensates with different wavevectors and bringing them to spatial overlap [162]. However,

in the case of magnon BEC, there is no need to create two condensates. Since the lowest-

frequency magnon state is doubly degenerated, the condensation simultaneously occurs at

two non-zero values of the wavevector k = ±kmin (Figure 4.11(a)). The interference of

these two components results in the formation of a real-space standing wave, as it has been

previously demonstrated for magnon BEC driven by parametric pumping [163]. Therefore,

if the HF mode is a magnon BEC, one should observe a stable standing wave pattern at the

frequencies of the HF modes in the gap region.

Figure 4.11 (a) Schematic of the spin-wave spectrum. Two magnon BECs are formed at two
spectral minima with non-zero wavevectros ±kmin. (b) Spatial profiles of the HF and LF modes,
measured at I = 34 mA. The shadowed area shows the region of the nano-gap. z = 0 corresponds
to the center of the gap. The data were obtained at H0 = 500 Oe.

To test this hypothesis, we perform spatially resolved BLS measurements of the dynamic

magnetization, by scanning the probing laser spot along the nano-gap. Figure 4.11(b) shows

the normalized one-dimensional spatial profiles of the dynamic magnetization, recorded at

the frequencies of the LF and the HF modes, at I = 34 mA. Both modes are localized in

the nano-gap region, consistent with the data in Figure 4.10(b), which show that at finite

currents their frequencies are always smaller than fFMR in the surrounding extended Py film,

preventing radiation of propagating spin waves away from the gap. We note that the LF mode

is noticeably more localized than the HF mode. This can be associated with the nonlinear
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self-localization of the bullet mode, reducing its dimensions below the size of spin current

injection region.

The profile of the LF mode exhibits a local minimum in the center of the gap that can be

attributed to the inversion of the static magnetization direction in the center of the bullet,

which is a typical feature for this dynamical mode [164]. The profile of the HF mode has a

cosine-like shape and exhibits no signs of the anticipated standing wave pattern. We associate

this discrepancy with the fact that the intense magnetization precession in the bullet mode

produces a strong, spatially inhomogeneous and time-varying dipolar field. This dipolar field

modifies the internal magnetic field in the gap region, as a result of which the formation of

a stable standing wave is not possible.

Finally, we note that, according to the previous studies, two auto-oscillation modes com-

pete for the same source of the angular momentum provided by the spin current, and are

thus mutually exclusive, unless they are spatially separated [165]. Therefore, the simulta-

neous presence of two spectral peaks in our experiments likely indicates random hopping of

the system between them [166]. These behaviors can be also interpreted in terms of unsta-

ble magnon condensation. Because of the attractive magnon-magnon interaction, the initial

condensation of magnons at the point of phase space corresponding to the lowest-frequency

magnon state – the formation of the HF mode – is followed at sufficiently large magnon

densities by the spatial collapse of the condensate, resulting in the formation of the LF bullet

mode corresponding to the condensation in the real space. The latter also eventually col-

lapses because of the significant mismatch between the size of the active area and the natural

size of the self-localized bullet3. We also note that measurements similar to those discussed

above were performed at fields ranging between 250 and 2000 Oe, and the results remained

the same.

4.2.4 Conclusions

In conclusion, we have experimentally studied the SOT-driven magnetization dynamics in

a specially designed system, whose geometry enables local injection of spin current without a

significant current-induced distortion of the spin-wave spectrum. Since nonlinear damping is

reduced in the studied system, the formation of magnon BEC can be expected based on the

results of the previous section. However, the experimental data demonstrate that two auto-

oscillation modes are simultaneously excited. By analyzing the oscillation characteristics of

these modes, we find that one of them (the HF mode) evolves from the lowest-frequency

3The spatial characteristics of the stable bullet mode are generally determined by the nonlinear properties
of the medium, and are expected to be almost independent of the size of spin current injection region [160].
Based on the results of [55], one expects that the bullet mode should shrink to dimensions below 100 nm,
inconsistent with the experimental profile in Figure 4.11(b). This discrepancy indicates that the bullet mode
is unstable in the studied devices.
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magnon state, while the other one (the LF mode) is the nonlinear spin-wave bullet. Our

results indicate that the HF mode is unstable and its spatial collapse results in the formation

of the LF mode. This instability does not allow us to unambiguously conclude whether

the HF mode is a magnon BEC or not. The observed behaviours provide an insight into

mechanisms underlying the formation and the stability of nonlinear magnon condensates.
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Chapter 5

Tailored PMA as a way to control

nonlinear damping

5.1 Case of large PMA

5.1.1 Motivation

In the previous chapter we have experimentally demonstrated that that nonlinear damp-

ing suppresses the formation of SOT-driven magnon BEC. We emphasize that the same

mechanism prevents excitation of coherent magnetization oscillation by the SOT in spatially

extended systems (see discussion in Section 2.8), which drastically limit the generated power

and coherence of SOT oscillators, as well as their geometries [68]. Note that the onset of non-

linear damping also does not allow one to achieve complete compensation for propagation

losses of spin-waves [70]. Therefore nonlinear damping should be considered a fundamen-

tal phenomenon that strongly hinders further developments in the field of spin-orbit-torque

magnonics.

As mentioned in Section 2.8, the standard approach for reducing nonlinear damping is

based on the utilization of frequency-dependent radiation losses. However, this approach is

clearly unable to resolve all the issues, since it requires that the active region of a SOT-

based device is limited to nanoscale, and often leads to complex dynamic behaviors (see,

e.g., Section 4.2). Consequently, new methods to overcome the adverse effects of nonlinear

damping have to be developed.

One possible option is to magnetize the active magnetic layer perpendicular to its plane.

In contrast to the in-plane magnetized configuration discussed in Section 2.2, in the out-of-

plane geometry, the spin-wave dispersion is isotropic and does not show minima at k 6= 0 and

therefore does not support the resonant four-magnon scattering [1]. However, large magnetic

fields are required to overcome the demagnetizing field of the magnetic film and magnetize
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it to saturation in the out-of-plane direction, which makes this approach technologically im-

practical. This challenge can be addressed by utilizing magnetic materials with sufficiently

large PMA. PMA materials are of great technological importance and they have been in-

tensively explored for various magnetic applications [167]. However, their suitability for the

implementation of magnonic devices driven by the SOT remains largely untested. In this

section, we experimentally study SOT oscillators based on magnetic multilayers with PMA.

The results presented below were published in Applied Physics Letters 111, 032405 (2017)

and Physical Review B 96, 224419 (2017).

5.1.2 Studied system

Figure 5.1 (a) Schematic of the experiment. (b) Normalized calculated distribution of the driving
current density in the plane of the Pt layer.

The tested devices are based on a Pt(5)/[Co(0.2)/Ni(0.8)]4 magnetic bilayer with PMA

(Figure 5.1(a)). Here, thicknesses are in nanometers. The bilayer is patterned into the shape

of a bow-tie nanoconstriction with the width of 100 nm, the opening angle of 22°, and the

radius of curvature of about 50 nm. The dc electric current I flowing in the plane of the

multilayer is converted by the SHE in Pt into an out-of-plane spin current IS with spin

polarization σ oriented in-plane, perpendicular to the direction of current I.

In the studied device geometry, the abrupt narrowing of the Pt layer in the nanoconstric-

tion region causes a strong local increase of the electric current density J (Figure 5.1(b)).

Since the spin current injected into the CoNi multilayer is proportional to the current den-

sity in Pt, this region of large current density defines the active device area, where the SOT

is sufficiently strong to completely compensate the damping and cause the magnetization

instability. While the current density rapidly decreases with increasing distance from the

nanoconstriction, considerable SOT effects are expected outside the active device area. For

instance, the current density at the distance of 0.5 µm from the nanoconstriction center is

about 5% - 7% of that at the center. Thus, at currents significantly above the instability
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threshold, damping can be almost completely compensated for a relatively large region of

the magnetic film.

The parameters of the multilayer - the saturation magnetization 4πMs = 6150 G and the

out-of-plane magnetic anisotropy Ka = 2.3 Merg/cm3 - were determined from independent

measurements utilizing vibrating-sample and magneto-optical Kerr-effect magnetometries.

According to Equation 2.7, the effective PMA field is HPMA ≈ 10kOe, which is much larger

than the effective field associated with the dipolar anisotropy Hdem = 4πMs ≈ 6kOe. Due to

the dominance of PMA, the magnetization is oriented out-of-plane if no external magnetic

field is applied.

As shown in Figure 5.1(a), the polarization σ of a spin current injected into CoNi is

parallel to the z-direction. Under these conditions, the effects of the SOT vanish if M is

exactly perpendicular to the plane of the magnetic multilayer (see Equation 2.13). Therefore,

to achieve current-induced instability in the studied CoNi film with PMA, we apply an in-

plane static magnetic field H‖ = 1000−2000 Oe to tilt the magnetization with respect to the

film normal. Additionally, to prevent magnetization switching by the SOT, we apply a small

constant out-of-plane magnetic field H⊥ = 200 Oe.

Figure 5.2 (a) Calculated static-field dependence of the out-of-plane angle of the equilibrium
magnetization (circles) and of the FMR frequency fFMR (point-down triangles). Point-up triangles
show fFMR determined from the BLS measurements of thermally excited magnons. Curves are
guides to the eye. (b) Calculated spectrum of spin waves in the [Co/Ni] multilayer magnetized by
the in-plane field of 2000 Oe.

Before studying the SOT-induced magnetization dynamics, we characterize the static

and the dynamic magnetic properties of the CoNi multilayer by performing micromagnetic

simulations using the Mumax3 software. As shown in Figure 5.2(a), increasing the in-plane

field H‖ from 0 to 2000 Oe results in the reduction of the magnetization angle θ counted

relative to the z-axis (circles) from 90° to 57°, while the FMR frequency fFMR in the CoNi

multilayer (point-down triangles) decreases from 9.5 GHz to about 8 GHz. The validity of

the simulations is confirmed by the good agreement of the calculated FMR frequencies with

those obtained from independent measurements (point-up triangles in Figure 5.2(a)).
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Despite significant tilting of the magnetization, the form of the dispersion relation of spin

waves remains similar to that for the out-of-plane magnetized films even at the largest applied

in-plane field H‖ = 2000 Oe (Figure 5.2(b)). The dispersion is isotropic in the film plane.

In contrast to ferromagnetic films with the in-plane magnetization discussed in Section 2.2,

there are no finite-k spin wave modes that are degenerate with the uniform k = 0 mode. As

mentioned above, this is particularly important for the SOT-induced auto-oscillations, since

the spin-wave degeneracy is known to facilitate nonlinear magnetic damping.

5.1.3 Results and discussion

Figure 5.3 BLS spectra of current-induced magnetization oscillations, measured at the labeled
values of the driving current. Curves are guides to the eye. Vertical dashed lines mark the FMR
frequency fFMR. The data were obtained at H‖ = 2000 Oe.

Figures 5.3(a) and 5.3(b) show the BLS spectra measured at H‖ = 2000 Oe, with the

probing laser spot positioned at the center of the nanoconstriction. The onset of the SOT-

induced auto-oscillations is signified by the emergence of an intense and narrow spectral peak

at I = IC = 2.3 mA. The oscillation frequency is close to the FMR frequency fFMR. The

auto-oscillation peak rapidly grows with increasing current, reaching a maximum intensity at

I = 3.1 mA. At larger currents, the peak starts to broaden, while its intensity decreases. Si-

multaneously, broad noiselike spectral features emerge at frequencies below 3 GHz , indicating

that the system transitions to a new regime characterized by complex magnetization dynam-

ics. At currents above 3.5 mA, this broad spectrum evolves into a well-defined low-frequency

(LF) oscillation peak with a center frequency of about 2 GHz, while the peak corresponding

to the high-frequency (HF) mode gradually disappears.

Figure 5.4(a) show the current dependencies of the peak intensities for the HF and the LF

modes. Both modes are characterized by a ”soft” auto-oscillation onset - a gradual increase

of intensity with increasing driving current [118]. The intensity of the HF mode saturates

and starts to decrease around I = 3.1 mA, while the intensity of the LF mode exhibits a

rapid increase. These behaviors can be attributed to the competition between the modes for

the angular momentum supplied by the spin current.
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Figure 5.4 (a) Peak intensities and (b) center frequencies of the high-frequency (HF) and low-
frequency (LF) modes vs current I. Curves are guides to the eye. Vertical dashed lines marks the
critical current IC. Horizontal dashed line marks in (b) marks the FMR frequency fFMR. The data
were obtained at H‖ = 2000 Oe.

The current dependencies of the central frequencies of the modes (Figure 5.4(b)) are

completely different. The frequency of the HF mode (solid symbols in Figure 5.4(b)) is very

close to the FMR frequency fFMR at small currents I < 1.5 mA. According to the results of

Section 4.1, the injection of pure spin current results in the accumulation of magnons in the

state with the lowest frequency. Since, in contrast to films with in-plane magnetization, the

FMR mode is the lowest-frequency spin-wave mode in the studied system (Figure 5.2(b)),

we conclude that the HF mode evolves from the FMR mode of the CoNi multilayer.

It is important to note that the frequency of the HF mode decreases by 1.6 GHz when the

driving current is increased from the critical current IC = 2.3 mA to 4 mA. We emphasize that

this decrease is about an order of magnitude larger than the current-dependent frequency

variation typically observed in SOT devices with in-plane magnetization (see, e.g., Figure

4.10(b)). Since this frequency variation originates from the increase in the magnetization

precession amplitude (Section 2.5.1), one can estimate the corresponding precession angle.

Our micromagnetic simulations show that to achieve nonlinear frequency shift of 1.6 GHz, the

precession angle must increase by more than 20°. Such large amplitudes of the magnetization

precession cannot be achieved in the in-plane magnetized devices, because the nonlinear

magnon scattering mechanism limits the precession amplitude (Section 2.5.2). We note that

the observed strong variation of the auto-oscillation frequency with current is advantageous

for applications requiring a large tunability of the frequency of the generated microwave

signals.

In contrast to the HF mode, the frequency of the LF mode (open symbols in Figure

5.4(b)) is far below the FMR frequency and almost current-independent, which is one of

the distinguishing characteristics of a magnetic droplet.1 To elucidate the nature of the LF

1Magnetic droplets are dynamical solitons existing in magnetic systems with large PMA [168–170].
Droplets have many characteristics similar to spin-wave bullets discussed in Section 4.2, but the essential
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mode, we perform additional Mumax3 simulations taking into account the effects of SOT.

The magnitude of SOT is assumed to be proportional to the current density in Pt (Figure

5.1(b)). We also take into account the nonuniform Oersted field of the current, determined

from the calculated current distribution.

Figure 5.5 (a) Calculated time dependence of the normalized out-of-plane magnetization compo-
nent mx, demonstrating the development of the current-induced instability. The current is applied
starting at t = 0. (b) Calculated spatial magnetization map at t = 0.625 ns, shortly after the
droplet is nucleated. Arrows represent the in-plane magnetization component, and the colors rep-
resent its out-of-plane component mx. (c) Profile of mx along the dashed line in (b). Simulations
were performed at I = 5 mA and H‖ = 2000 Oe.

Figure 5.5(a) illustrates the calculated time dependence of the normalized out-of-plane

component of magnetization mx = Mx/Ms at H‖ = 2000 Oe, with current I = 5 mA applied

starting at time t = 0. Under these conditions, the SOT-induced dynamical instability

develops on the sub-nanosecond time scale. The component mx initially starts to oscillate

with the frequency close to the FMR frequency fFMR and with a rapidly growing amplitude,

and completely reverses at t slightly above 0.6 ns. This instability is observed at I > IC ≈
4.5 mA, in a reasonable agreement with the characteristic currents in the experiment. As

the current is reduced towards IC, it takes an increasingly long time for the instability to

develop, resulting in quasistable current-induced oscillations at frequencies close to fFMR that

resemble the HF mode observed in the experiment. However, since our task is to elucidate

the nature of the LF mode, we limit our analysis to the large-current behaviors.

Figure 5.5(b) shows a snapshot of the spatial distribution of magnetization after its com-

plete reversal, at I = 5 mA and t = 0.625 ns. Arrows in this map represent the projection of

the magnetization on the film plane, while the color represents its out-of-plane component

my. The magnetization distribution is typical for a droplet soliton [169]. The magnetization

is nearly completely reversed in the droplet core, as can be also seen from Figure 5.5(c)

showing the profile of mx across the section indicated in Figure 5.5(b) by a dashed line. At

difference between them is that the magnetization in the droplet core can be nearly fully reversed.
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the boundary of the core, all the magnetic moments are aligned in the same direction. The

droplet is shifted to one of the edges of the nanoconstriction, due to the effect of the Oer-

sted field of the driving current. A similar edge droplet was predicted for narrow magnetic

nanowires [171].

Figure 5.6 Temporal evolution of the nucleated droplet soliton, at the labeled instants of time t.
The driving current is applied starting at t = 0. The arrows represent the in-plane magnetization
component and the colors represent its out-of-plane component mx. The simulations were performed
at I = 5 mA and H‖ = 2000 Oe.

Snapshots obtained at different instants of time (Figure 5.6) illustrate the spatiotemporal

dynamics of the nucleated droplet. As seen from Figures 5.6(a)-5.6(c), the droplet initially

increases in size, while the magnetization at its boundary precesses in the counterclockwise

direction. The expansion of the droplet is caused by the so-called effective spin-Hall field

produced by STO [172]. This field is known to result in either expansion or shrinking of

magnetic domains, depending on the orientation of the magnetization in the domain walls

relative to the polarization σ of the spin current [173]. Therefore, the observed initial ex-

pansion of the droplet is produced by the same mechanism as the expansion of topologically

trivial magnetic bubble domains driven by SOT [174]. The droplet is distinguished from

the bubble domains by its dynamical nature. Because of the precession of the magnetic

moments at the droplet boundary, the effective spin Hall field is time-dependent. As a re-

sult, the initial expansion of the droplet ends at t ≈ 0.850 ns, when the magnetic moments

at its boundary align approximately parallel to σ, and the effective spin-Hall field vanishes

(Figure 5.6(c)). Further rotation of the magnetic moments leads to the inversion of the

sign of the effective field, and the droplet starts to shrink (Figures 5.6(c)-5.6(e)). If the
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magnetic moments in the droplet boundary precessed perfectly in-phase, the droplet would

experience periodic “breathing” with a well-defined frequency, as observed in the previously

demonstrated droplet oscillators [169]. In the studied nanoconstriction devices, the droplet

dynamics is significantly more complex, as illustrated in Figures 5.6(e)-5.6(h). The dynami-

cal complexity is associated with the inhomogeneous distribution of the effective field, which

leads to the spatial variation of the precession phase, as can be clearly seen from the increas-

ingly significant variations among the directions of arrows in Figures 5.6(c)-5.6(h). Because

of these variations, different parts of the droplet experience different forces from the spin-

Hall field, which perturbs the shape of the droplet, and results in complex spatiotemporal

dynamics. This observation is in agreement with the experimental data, which show that at

large driving currents, the spectra of the current-induced magnetization oscillations become

very broad.

Figure 5.7 (a) Fourier spectrum of the time dependence of the spatially averaged out-of-plane
magnetization component mx, for the dynamics shown in Figure 5.6. Vertical dashed line indicates
the central frequency of the spectral peak. (b) Dependence of the central frequency of the LF mode
on H‖, determined from the measurements (open symbols) and from the micromagnetic simulations
(solid symbols). Lines are linear fits of the data.

To correlate the results of the simulation with the experiment, we calculate the Fourier

spectrum2 (Figure 5.7(a)) of the time dependence of the out-of-plane magnetization compo-

nent mx averaged over the 300× 300 nm2 area3 shown in Figure 5.6. Despite the dynamical

complexity, the calculated spectrum exhibits a pronounced peak, which is remarkably similar

to the BLS spectrum measured at I = 4 mA. In particular, its central frequency 2.30 GHz is

very close to the experimental value 2.25 GHz. A good agreement of our simulations with the

experimental observations allows us to unambiguously conclude that the observed LF mode

is associated with the formation of a droplet soliton.

2To facilitate the comparison of the simulated spectrum with our measurements, we have convolved it
with a Gaussian with the full width at half maximum of 100 MHz, corresponding to the frequency resolution
of the measurement setup.

3The size of this area corresponds to the size of the area probed by µBLS.
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Analysis of the dependence of the frequency of the LF mode on the magnitude of the

static in-plane magnetic field H‖ (Figure 5.7(b)) provides further support for this conclusion.

The measured central frequency of the LF mode linearly increases from 1.3 GHz at H‖ =

1000 Oe to 2.25 GHz at H‖ = 2000 Oe. The observed linear dependence is consistent with

the behaviors expected for the droplet soliton [169]. The dependence of the central peak

frequency on field obtained from the simulations is in a good agreement with the experiment

over the entire studied range of H‖, supporting our interpretation of the LF mode as a

magnetic droplet soliton.

Finally, we discuss the effects of the spatially extended injection of spin current produced

by the SHE. Magnetic droplets are strongly dissipative excitations stabilized by the balance

between anti-damping torque and natural damping [168]. In the studied nanoconstriction

devices, the SOT magnitude does not abruptly vanish outside of the nanoconstriction area.

The resulting spatial dimensions of the droplets can be as large as 200–300 nm in the nanocon-

striction with the width of 100 nm used in our work. As shown above, this large size results

in complex dynamics and an irregular shape of the droplet, which originate from the non-

uniform distribution of the magnetization precession phase at its boundary. We emphasize

that the spatial distribution of the precession phase can significantly affect the spatial char-

acteristics of the droplet. For the uniform phase distribution, the effective spin-Hall field

produces periodic expansion and shrinking of the droplet, as discussed above. However, if

the precession phases are opposite at the opposing points at the droplet boundary, the spin-

Hall field is expected to cause translational motion of the droplet, as was also shown for the

magnetic skyrmions [174] where the direction of the magnetization rotates around the soliton

boundary due to the Dzyaloshinskii-Moriya interaction (DMI) [52].

Figure 5.8 Calculated magnetization maps demonstrating the generation of a propagating droplet
soliton, at the labeled instants of time t. The driving current is applied starting at t = 0. The
colors represent the out-of-plane magnetization component mx. Inset in (a) shows a magnified view
of the propagating droplet. The simulations were performed at I = 6 mA and H‖ = 1000 Oe.

We do not expect sizable DMI effects for the studied system, because of the relatively

large thickness of the CoNi multilayer. Nevertheless, our simulations indicate that nontrivial

phase distributions enabling the SOT-induced translational motion of droplets can sponta-
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neously form at sufficiently long times of the order of tens of nanoseconds. Figure 5.8(a)

shows the spatial magnetization map obtained at t = 36.050 ns, with I = 6 mA applied

starting at t = 0. In addition to the irregular-shaped droplet in the nanoconstriction region,

a small circularly shaped droplet with dimensions of about 50 nm is located outside of the

active area. The magnetization is pointing to the left at the left boundary of the small

droplet, and to the right at its right boundary (inset in Figure 5.8(a)). Consequently, the

droplet is expected to experience a net effective spin Hall field driving its directional motion,

as confirmed by the snapshots in Figures 5.8(b)-5.8(d) for later instants of time. As seen

from these data, the droplet is indeed moving to the left while shrinking in size, and is finally

annihilated at the distance of more than 1.5 µm from the nanoconstriction center. We em-

phasize that the moving droplet remains stable due to the non-vanishing SOT over its entire

propagation path in the studied nanoconstriction device. While at large distances from the

active area, the magnitude of SOT becomes too small to completely compensate the natural

damping, it is still sufficiently large to maintain the stability of the nucleated droplet over a

significant propagation distance The generation of propagating droplets can be important for

the implementation of novel devices for transmission and processing of information on the

nanoscale. The controllability of the droplet generation process can be improved by utilizing

nanopatterned material systems where a combination of DMI and geometric boundary effects

favors the spatial variation of the precession phase necessary for the extraction of the droplet

from the nucleation area, and for its directional motion. By optimizing the geometry of the

samples, one can also control the magnitude and the distribution of the SOT outside of the

active nanoconstriction area, to increase the propagation distance of the generated droplets.

5.1.4 Conclusions

In conclusion, we have experimentally demonstrated SOT oscillators based on magnetic

multilayers with PMA that enable excitation of two dynamical modes at significantly different

frequencies. The high-frequency (HF) mode is stable at low driving currents, while the

low-frequency (LF) mode is additionally exited at larger currents and becomes increasingly

dominant with increasing current. Due to large PMA in the studied system, the degeneracy

of the spin-wave spectrum is lifted, enabling large magnetization precession amplitudes not

limited by the nonlinear magnon scattering processes. This has following consequences:

• First, a very high tunability of the frequency of the HF mode by electrical current

becomes possible, making the demonstrated devices promising for applications in high-

speed integrated microwave circuits.

• Second, the absence of nonlinear limiting phenomena allows a complete local reversal

of the magnetization necessary for the formation of a droplet soliton (the LF mode).
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Moreover, our micromagnetic simulations indicate that in addition to the stationary

droplets, propagating droplets can be also generated in the studied system, which can

be utilized for the information transmission in magnonic applications.

5.2 Case of moderate PMA comparable

with the dipolar anisotropy

5.2.1 Motivation

In the previous section, we have showed that SOT oscillators with strong PMA exhibit

large magnetization precession amplitudes due to the reduced nonlinear damping. However,

the absence of the limiting nonlinearity and large uniaxial magnetic anisotropy leads to the

bistability of the system. As a result, the studied nanoconstriction devices exhibit erratic

dynamical behavior at large driving currents, which is rather challenging to control experi-

mentally. In this section, we demonstrate a different approach to minimizing the nonlinear

damping that provides stable, large-amplitude SOT-induced auto-oscillations. The results

presented below were published in Nature Communications 10, 5211 (2019).

5.2.2 Studied system

Our hypothesis is that nonlinear spin-wave coupling in in-plane magnetized films is pre-

dominantly determined by the ellipticity of magnetization precession. Since we have not

discussed this feature of the magnetization dynamics so far, we do it now. As mentioned in

Section 2.1, the discontinuity of the magnetization creates fictitious magnetic charges that

produce the demagnetizing field resulting in the appearance of dipolar anisotropy. Therefore,

in general, when one excites magnetization oscillations in an in-plane magnetized film, the

precessing magnetization vector M dynamically induces magnetic charges at the film sur-

faces. According to Equation 2.5, these charges generate a dynamic demagnetizing field hdem

antiparallel to the out-of-plane component Mx as illustrated in Figure 5.9(a). Due to the

influence of hdem, the precession trajectory becomes strongly elliptical with the long axis of

the ellipse lying in the film plane. The elliptical precession is accompanied by the oscillation

of the component of magnetization parallel to the precession axis m2f
z , at twice the frequency

of precession. We argue that, at large precession amplitudes, this oscillating component m2f
z

acts as a parametric pump that drives energy transfer from the dominant excited spin-wave

mode into other modes, resulting in nonlinear damping of the former. In the presence of

PMA, the out-of-plane deviation of M additionally results in the appearance of the effective

dynamical anisotropy field hPMA (Figure 5.9(b)). In contrast to hdem, hPMA is parallel to

Mx (see Equation 2.7). If the magnitude of hPMA is close to that of hdem, the two fields
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compensate each other, and precession becomes circular. As follows from these arguments,

nonlinear damping is expected to become completely eliminated in films wit moderate PMA

compensating dipolar anisotropy.

Figure 5.9 (a) The ellipticity of the magnetization precession in Py is caused by the dipo-
lar anisotropy. (b) In CoNi, the ellipticity is minimized due to PMA compensating the dipolar
anisotropy. (c) Layout of the test devices. Magnetic disks are fabricated on top of a Pt strip either
from Py, or from the Co/Ni bilayer with PMA tailored to compensate the dipolar anisotropy of the
film. Inset illustrates the device operation principle, based on the injection into the ferromagnetic
disk of pure spin current generated due to the SHE in Pt.

To test this hypothesis, we fabricate devices based on a 8 nm-thick and 1.3 µm-wide Pt

strip, and a 5 nm-thick CoNi bilayer disk with the diameter of 0.5 µm on top (Figure 5.9(c)).

The parameters of the CoNi bilayer - the saturation magnetization 4πMs = 6900 G and the

out-of-plane magnetic anisotropy Ka = 1.81 Merg/cm3 - were determined by separate mag-

netic characterization. According to Equation (2.7), the effective PMA field is HPMA ≈
6.6kOe, which is very close to the effective field associated with the dipolar anisotropy

Hd = 4πMs = 6.9kOe. Thus, PMA in the studied system nearly compensates the dipo-

lar anisotropy. To verify that the demonstrated effects originate from PMA, we have also

studied a control sample utilizing a 5 nm-thick thick Permalloy (Py) disk with negligible

PMA.

5.2.3 Results and discussion

Figures 5.10(a) and 5.10(b) show the BLS spectra of magnetic oscillations detected in Py

and CoNi disks with current I close to the critical value IC, at which SOT is expected to

completely compensate magnetic damping.4 At I < IC, both Py and CoNi exhibit similar

4The critical currents were determined from the analysis of the inverse BLS intensity as discussed in
Section 4.1.
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increases of the BLS intensity with current, as expected due to the enhancement of mag-

netic fluctuations by the SOT [121]. However, the behaviors diverge at I > IC. In the Py

disk, the intensity of fluctuations saturates, while their spectral width significantly increases

(Figure 5.10(a)). In contrast, a narrow intense peak emerges in CoNi, marking a transition

to the auto-oscillation regime (Figure 5.10(b)). These results indicate that the phenomena

preventing the onset of auto-oscillations in the Py disk are suppressed in CoNi.

Figure 5.10 BLS spectra of magnetic oscillations vs current for Py and CoNi disks. IC marks the
critical current, at which the spin current is expected to completely compensate the natural linear
magnetic damping. The data were recorded at H0 = 2000 Oe.

The differences between the two systems are highlighted by the quantitative analysis of

their characteristics (Figure 5.11). At I < IC, the BLS intensity increases (Figure 5.11(a)),

while the spectral width of fluctuations decreases due to the reduced effective damping (Figure

5.11(b)), following the same dependence for both Py and CoNi. In Py, the peak intensity

starts to decrease at I > IC, while the spectral width rapidly increases, indicating the onset of

nonlinear damping. In contrast, in CoNi the intensity rapidly increases at I > IC, while the

spectral linewidth continues to decrease. We note that the BLS spectra are broadened by the

finite frequency resolution of the technique, increasing the measured values particularly for

small linewidths. At large currents, the BLS intensity in CoNi somewhat decreases and the

spectral width increases, indicating an onset of higher-order nonlinear processes that cannot

be completely avoided in real systems. The two systems also exhibit a qualitatively different

dependence of the BLS peak frequency on current – the nonlinear frequency shift (Figure

5.11(c)). For CoNi, the frequency slightly increases with current, while for Py, it exhibits a

redshift that becomes increasingly significant above IC. The large frequency nonlinearity in

Py is likely associated with the nonlinear excitation of a broad spectrum of spin-wave modes,

which is directly related to the nonlinear suppression of the oscillations, as discussed in detail

below.
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Figure 5.11 (a) Maximum intensities of the BLS spectra vs current. (b) Current dependencies of
the spectral width of the BLS peaks at half the maximum intensity. (c) Center frequency of the
detected spectral peaks vs current. Symbols are the experimental data, lines are guides for the eye.
The data were recorded at H0 = 2000 Oe.

The mechanisms underlying the observed behaviors are elucidated by the micromagnetic

simulations, which were performed using the MuMax3 software. The linear spin wave disper-

sions, calculated using the small-amplitude limit Mmax
y /M = 0.01 (this corresponds to the

precession angle of about 1°), are qualitatively similar for Py and CoNi (symbols in Figures

5.12(a) and 5.12(b)). The two branches corresponding to spin waves propagating perpendic-

ular and parallel to the static field H0 merge at the wavevector k = 0, at the FMR frequency

fFMR. The frequency of the branch with k ⊥ H0 monotonically increases with k, while the

branch with k ‖ H0 exhibits a minimum fmin at finite k due to the competition between the

dipolar and the exchange interactions. The frequencies obtained from the simulations are in

a good agreement with the results of calculations using Equation 2.8 (solid curves in Figures

5.12(a) and 5.12(b)).

Figure 5.12 (a) and (b) Dispersion spectra for the Py and CoNi films, respectively, calculated
in the small-amplitude linear regime. fFMR and fmin label the frequencies of the quasi-uniform
FMR and of the lowest-frequency spin-wave mode, respectively. Symbols are the results of micro-
magnetic simulations, curves—calculations based on the analytical theory. (c) Dependences of the
characteristic frequencies fFMR and fmin on the normalized precession amplitude. Symbols are the
results of micromagnetic simulations, curves—guides for the eye. All calculations were performed
at H0 = 2000 Oe.

The qualitative differences between the nonlinear characteristics of the two systems are
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revealed by the dependence of frequency on the amplitude of magnetization oscillations (Fig-

ure 5.12(c)). In the Py film, both fFMR and fmin exhibit a strong negative nonlinear frequency

shift. In contrast, in the CoNi film the frequency fFMR slightly decreases, while the frequency

fmin increases with increasing amplitude. The observed oscillation frequency for CoNi in-

creases with increasing amplitude (Figure 5.11(c)). Thus, current-induced auto-oscillations

correspond not to the quasi-uniform FMR mode, but rather to the lowest-frequency spin-wave

mode. This conclusion is in agreement with the results of Section 4.1, which demonstrate

that the SOT results in the accumulation of magnons in the state with the lowest frequency.

Figure 5.13 (a) and (b) Calculated magnetization trajectories for the lowest-frequency spin-wave

states in Py and CoNi, as labeled. m2f
z labels the double-frequency dynamic component of mag-

netization, which serves as a parametric pumping source for the nonlinear spin-wave excitation.
(c) and (d) Temporal evolution of the free precession amplitude starting with a large initial ampli-
tude at t = 0, at T = 0 (c) and T = 300 K (d). The simulations were performed with negligible
linear damping, emulating the damping compensation by the spin current. All calculations were
performed at H0 = 2000 Oe.

We now analyze the relationship between the dispersion characteristics and the nonlinear

damping effects. The lowest-frequency state at fmin is non-degenerate in both Py and CoNi

(Figures 5.12(a) and 5.12(b)). The absence of degeneracy is commonly viewed as a sufficient

condition for the suppression of nonlinear damping, since it prohibits resonant four-wave

interactions [124]. However, this view is inconsistent with our experimental results (Figure

5.10) as also confirmed by the additional micromagnetic simulations illustrated in Figure 5.13.

In these simulations, we use artificially small linear damping to emulate damping compensa-

tion by the spin current, and analyze the dynamics of the lowest-frequency mode excited at

time t = 0. Figures 5.12(a) and 5.13(b) show the projections of the magnetization precession
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trajectories on the My −Mx and Mz −Mx planes, respectively, for a relatively large preces-

sion amplitude Mmax
y /M = 0.17, which corresponds to the precession angle of about 10°. As

expected, the precession is nearly circular in CoNi, and elliptical in Py. The ellipticity in

Py results in the oscillation of the projection m2f
z of magnetization on the equilibrium direc-

tion at twice the oscillation frequency, which plays the role of a parametric pump for other

spin-wave modes. In simulations performed for zero temperature (Figure 5.13(c)), precession

initiated at t = 0 continues indefinitely, i.e. energy is not transferred to other modes. This

result is consistent with the parametric mechanism of mode coupling, which requires non-zero

amplitudes of all the involved modes. In contrast to T = 0, at finite temperatures all the

spin-wave modes have non-zero amplitudes due to thermal fluctuations, enabling their para-

metric excitation. In the simulations performed at T = 300 K, the amplitude of precession

excited in Py at t = 0 abruptly drops at about 100 ns and continues to decrease thereafter,

indicating the onset of nonlinear damping (Figure 5.13(d)). In contrast, in CoNi, where

the oscillations of the longitudinal magnetization component are negligibly small m2f
z ≈ 0,

the precession amplitude remains constant. These results clearly show that the compensa-

tion of the precession ellipticity by the PMA enables suppression of the nonlinear damping,

supporting our interpretation of the experimental findings.

Figure 5.14 (a) Fourier spectra of magnetization oscillations in Py before (t = 0− 50 ns) and after
(t = 150 − 200 ns) the onset of nonlinear damping. (b) Evolution of the nonlinear damping in the
time domain. Time dependence of the peak BLS intensity in response to the 1 µs long pulse of
current obtained for the Py and CoNi disks, as labeled. The data were recorded at H0 = 2000 Oe
and I = 1.07IC.

Spectral analysis of the temporal evolution of the precession amplitude in Py at T =

300 K confirms that the initially monochromatic oscillation at frequency fmin transitions

to a broad spectrum of spin-wave modes excited at longer times due to their nonlinear

coupling to the initially excited mode (Figure 5.14(a)). Since the frequencies and, hence,

the wavevectors of these secondary spin waves are large, we cannot detect them directly in

the BLS measurements. However, the effects of the nonlinear damping can be clearly seen

in the time-domain BLS measurements. In these measurements, the current was applied in

pulses with the duration of 1 µs and period of 5 µs, and the temporal evolution of the BLS
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intensity was analyzed. Figure 5.14(b) shows the temporal traces of the intensity recorded

for the Py and CoNi disks at I = 1.07IC, corresponding to the maximum intensity achieved

in CoNi sample [Figure 5.11(a)]. For the CoNi disk, the intensity monotonically increases

and then saturates. In contrast, for the Py disk, the intensity saturates at a much lower

level shortly after the start of the pulse, followed by a gradual decrease over the rest of the

pulse duration, indicating the onset of energy flow into other spin-wave modes as predicted

by our simulations (Figure 5.13(d)). We note that the observed decrease is not that abrupt,

as it appears in simulations, because the flow into the other modes is counterbalanced by the

continuous flow due to the injection of the spin current.

5.2.4 Conclusions

In conclusion, our experiments and simulations show that the adverse nonlinear damping

can be efficiently suppressed by minimizing the ellipticity of magnetization precession, using

magnetic materials where dipolar anisotropy is compensated by the PMA. This allows one

to achieve complete compensation of the magnetic damping, and excitation of coherent mag-

netization auto-oscillations by the spin current without confining the spin current injection

area to nanoscale. Our findings open a route for the implementation of SOT-oscillators capa-

ble of generating microwave signals with technologically relevant power levels and coherence,

circumventing the challenges of phase locking a large number of oscillators with nanoscale

dimensions [135]. They also provide a route for the implementation of spatially extended

amplification of coherent propagating spin waves, which is vital for the emerging field of

magnonics. The proposed approach can also facilitate the realization of stable SOT-driven

Bose–Einstein condensation of magnons, which was not achieved in the experiment discussed

in Section 4.1 due to the detrimental effects of nonlinear damping.
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Chapter 6

Excitation and amplification of spin

waves by the SOT

6.1 Motivation

In Chapters 4 and 5, we have studied various aspects of SOT-induced magnetic oscilla-

tions. Let us emphasize that, in all the considered systems, magnetization auto-oscillations

are spatially confined mainly due to the negative nonlinear frequency shift, which drives the

auto-oscillation frequency below the spin-wave spectrum (see Figures 4.10(b) and 5.4(b)).

Consequently, none of them provide the possibility to generate coherent propagating spin

waves by the SOT. However, as mentioned in Chapter 1, the excitation of propagating spin

waves by the SOT is particularly important for magnonics, because this new method can

become a high-efficiency nanoscale alternative to the traditional inductive excitation mecha-

nism. It turned out to be challenging to find a suitable geometry that could convert spatially

localized magnetic auto-oscillation into coherent propagating spin waves. In this chapter

we experimentally demonstrate the first magnonic nanodevice capable of such a conversion.

Moreover, in the demonstrated system, the same SOT mechanism not only generates prop-

agating spin waves, but also simultaneously compensates their propagation losses over a

spatially extended region. The results presented below were published in Advanced Materials

30, 1802837 (2018).

6.2 Studied system

Our test devices are based on a concept of nano-notch SOT-oscillator directly incorporated

into a magnonic waveguide (Figure 6.1). The devices consist of 180 nm-wide and 4 µm-long

nano-waveguides patterned from a Py(15 nm)/Pt(4 nm) bilayer. Ion milling was used to

pattern a rectangular 200 nm-wide and 10 nm-deep notch in the top Py layer of the waveguide,
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forming a nano-oscillator that serves as the spin-wave source. When electric current I flows

through the device, the SHE in Pt injects pure spin current IS into the Py layer, producing

the SOT on its magnetization M that compensates the magnetic damping. Note that the

magnitude of the SOT is inversely proportional to the thickness of the magnetic layer (see

Equation 2.14). Thus, the effects of the SOT on the 5 nm-thick Py layer in the nano-notch

area are significantly larger than on the 15 nm-thick Py waveguide. As the current I is

increased, damping becomes completely compensated in the nano-notch region, resulting in

the local excitation of magnetization auto-oscillations. Meanwhile, damping remains only

partially compensated in the waveguide. The nano-notch oscillator can emit spin waves into

the waveguide, provided that the latter supports propagating spin-waves at the frequency of

auto-oscillation. Since the entire waveguide is subjected to the spin current IS reducing the

natural damping, the propagation of the emitted spin waves can become enhanced by the

current-induced SOT.

Figure 6.1 Schematic of the test device. The test devices are 180 nm-wide Py(15 nm)/Pt(4 nm)
nanowaveguides with a 200 nm-wide wide and 10 nm-deep rectangular nanonotch in the center. The
injected spin current IS, excites magnetization auto-oscillations in the nano-notch, resulting in the
spin wave emission into the waveguide. Insets show the scanning electron microscope images of the
device and of the active nano-notch region.

6.3 Results and discussion

First, we characterize the auto-oscillation by analyzing the BLS spectra obtained with

the laser spot positioned on the nano-notch region. A representative spectrum obtained

at I = 3.8 mA exhibits two intense auto-oscillation peaks (Figure 6.2(a)). Micromagnetic

simulations described below allow us to identify these peaks as the two fundamental dynamic

modes of the nano-notch characterized by different frequencies and different distributions of

the dynamic magnetization across the nanowire width (insets in Figure 6.2(a)). For the

low-frequency (LF) mode, the dynamical magnetization amplitude is largest at the edges of

the nanowire. For the high-frequency (HF) mode, the amplitude is largest at the center.
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Therefore, we interpret the LF mode as the edge mode and the HF mode as the central mode

(see Section 2.3.2).

Figure 6.2 (a) Representative BLS spectrum of auto-oscillations measured at I = 3.8 mA with the
probing spot positioned on the nano-notch. Symbols: experimental data, lines: Lorentzian fits of
the spectral peaks. Insets schematically show the transverse profiles of the dynamic magnetization
corresponding to the low-frequency (LF) and the high-frequency (HF) mode. (b) Normalized color-
coded map of the BLS intensity in the frequency-current coordinates. (c) Current dependences of
the peak intensity for the LF and the HF mode. Symbols: experimental data; lines: guides for the
eye. The measurements were performed at H0 = 2000 Oe.

The device exhibits stable auto-oscillations over a significant range of driving currents

(Figure 6.2(b)). By using the spectroscopy of thermal magnetic fluctuations (see discussion

in Section 4.1), we determine the critical currents IC,LF ≈ 3.2 mA for the LF mode and

IC,HF ≈ 3.8 mA for the HF mode. The LF mode starts to auto-oscillate at smaller currents

than the HF mode due to its smaller frequency, in agreement with the theory of STO-driven

auto-oscillations (Equation 2.14). Both modes are characterized by a “soft” auto-oscillation

onset - a gradual initial increase of intensity with increasing driving current (Figure 6.2(c))

[118]. The intensity of the LF mode saturates and starts to decrease around I = 3.6 mA,

while the intensity of the HF mode exhibits a rapid increase, indicating that the two modes

compete for the angular momentum delivered into the magnetic system by the spin current.

To analyze the oscillation-induced magnetization dynamics in the waveguide, we raster

the probing BLS spot over the waveguide area. Figures 6.3(a) and 6.3(b) show representa-

tive maps of the dynamic magnetization at the LF and the HF mode frequency, respectively.

Note that the measured maps represent a convolution of the actual distribution of the dy-

namic magnetization with the distribution of the light intensity in the probing spot with the

diameter of about 0.3 µm, which does not allow one to resolve the details of the transverse

distribution of the dynamic magnetization in the nano-waveguide (insets in Figure 6.2(a)).

Despite the limited resolution, the data of Figures 6.3(a) and 6.3(b) clearly show that the

LF mode is localized in the nano-notch, and does not emit spin waves into the waveguide.

In contrast, the HF mode emits spin waves, preferentially in the positive-y direction.
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Figure 6.3 (a) and (b) Color-coded spatial maps of the BLS intensity measured at the frequency
of the LF and the HF mode, as labeled. The maps were recorded at I = 4 mA and H0 = 2000 Oe.
Dashed lines on the maps show the outlines of the waveguide and of the nano-notch. (c) and (d)
Symbols: dependence of the BLS intensity for LF and HF modes, as labeled, on the propagation
coordinate. Note the logarithmic intensity scale. Solid curve in (c): Gaussian fit of the data for the
LF mode. Dashed line in (d): exponential fit of the data for the HF mode at y < −0.5 µm.

To characterize the emission and propagation quantitatively, in Figures 6.3(c) and 6.3(d)

we plot on the log-linear scale the propagation-coordinate dependence of the BLS intensity.

These data clearly demonstrate that the spin waves emitted by the HF mode exponentially

decay away from the nano-notch. By fitting the data with the exponential function, we find

the decay length l = 1.5 µm, at which the amplitude of the wave decreases by a factor of

e. By comparing the intensities of the waves emitted to the left and to the right, we also

determine that the decay length is the same for the two directions, but the intensities differ

by about a factor of 3.

To understand the mechanisms of spin-wave emission, one has to consider the effects of

the demagnetizing field on the effective field in the nanowire. According to Equation 2.10,

the magnitude of the demagnetizing field is proportional to the thickness of a magnetic layer

d: thicker is the layer, larger are the demagnetizing effects. Thus, the total effective field in

the waveguide is smaller compared to that in the nanonotch (Figure 6.4(a)). The reduction

of the effective field results in a downshift of the spin-wave dispersion curve in the waveguide

(Figure 6.4(b)). Therefore, the waveguide supports the propagation of spin waves at the

frequency of the HF mode and does not support it at the frequency of the LF mode, as

shown in Figure 6.4(b).

To confirm this interpretation, we have performed micromagnetic simulations by using

the Mumax3 software. The oscillation of magnetization in the nano-notch area is simulated

with a local monochromatic microwave field, applied perpendicular to the surface. Figure

6.4(c) shows snapshots of the dynamic magnetization in the waveguide produced by the

excitation at the frequencies of the LF and the HF modes, as labeled. Oscillations excited
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at the frequency of the LF mode remain localized in the notch area and do not generate

propagating spin waves, in agreement with the experimental data. In contrast, excitation at

the frequency of the HF mode results in the generation of spin waves propagating in both

directions away from the notch.

Figure 6.4 (a) Calculated distribution of the effective magnetic field in the nano-notch and the
waveguide through the section transverse to the nanowire. The horizontal dashed line indicates
the applied external magnetic field. (b) Curve is the dispersion for spin waves in the waveguide
obtained from the micromagnetic simulations. Horizontal dashed lines show the auto-oscillation
frequencies of the LF (9.97 GHz) and HF (11.36 GHz) mode, as labeled. (c) Snapshots of the
dynamic magnetization in the waveguide for the excitation at the frequency of the LF (9.97 GHz)
and of the HF (11.36 GHz) mode, as labeled, obtained from the micromagnetic simulations. Dashed
vertical lines show the edges of the nanonotch.

Figure 6.5(a) shows the current-dependent values of the spin-wave decay length obtained

in the experiment and from the simulations. For each value of I, the excitation frequency

used in the simulations is determined from the experimental data (Figure 6.2(b)), and the

damping constant is set to the standard value for Py, α = 0.01. The simulations reproduce

the experimentally observed reduction of the decay length with increasing current, which

can be attributed to the smaller group velocity of lower-frequency spin waves excited at

larger currents (see the spin-wave dispersion in Figure 6.4(b)). However, the magnitude of

the decay length observed in the experiment is significantly larger than that obtained in the

simulations using the natural damping constant. The ratio of the two lengths increases from

2 at I = 3.6 mA to 3 at I = 4.5 mA (symbols in Figure 6.5(b)).
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Figure 6.5 (a) Current dependence of the decay length of emitted spin waves. Point-up trian-
gles: experimental data. Point-down triangles: results of simulations with the standard damping,
i.e. neglecting the effects of current on the spin wave propagation. Curves: guides for the eye.
(c) Symbols: ratio of the experimental to the simulated value of the decay length. Solid curve:
enhancement of the decay length expected from the SOT-induced damping compensation.

We attribute the observed difference to the compensation of the magnetic damping in the

waveguide by the spin current injected over the entire spin-wave propagation path (Figure

6.1). According to Equation 2.14, the current-dependent effective damping varies as α(I) =

α0(1−I/IC), where α0 is the effective damping constant at I = 0, and IC is the critical current,

at which the damping becomes completely compensated in the waveguide. By using the

spectroscopy of thermal magnetic fluctuations, we determine IC ≈ 7 mA for the 15 nm-thick

Py waveguide, and calculate the enhancement of the decay length associated with the SOT-

induced damping compensation (solid curve in Figure 6.5(c)). The obtained dependence is in

a good agreement with the experimental data, demonstrating that the same SOT mechanism

enables the generation of spin waves, and simultaneously a significant enhancement of their

propagation.

Figure 6.6 (a) Same as Figure 6.3(b), measured with reversed directions of the static magnetic field
and of the driving current. (b) Emission asymmetry due to the spatial shift of the oscillation region.
Calculated spatial dependences of the time–averaged amplitudes of the dynamic magnetization, for
the oscillation region centered on the nano-notch, and for the oscillation region shifted to the edge
of the notch, as labeled. Dashed vertical lines indicate the edges of the nano-notch.

Additional measurements show that the direction of the preferential emission can be

reversed by reversing the direction of the static magnetic field (Figure 6.6(a)). Note that ac-

cording to the symmetry of the SHE, reversing the field for a given current polarity changes

the sign of the SOT (see Equation 2.13). Therefore, to achieve damping compensation and
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auto-oscillations, the direction of the dc current must be also reversed. The data of Figure

6.6(a) demonstrate that the proposed devices provide the ability to control unidirectional

emission of spin waves by the direction of the magnetic field. We emphasize that, how-

ever, our simulations predict symmetric bidirectional emission of spin waves (Figure 6.4(c)).

Additionally, the simulated amplitude of the emitted waves amounts to about 10% of the

maximum value in the center of the notch, significantly smaller than 60–70% observed in the

experiment (Figure 6.3(d)). We explain these discrepancies by the asymmetric spatial profile

of the SOT-driven auto-oscillation mode, whose maximum amplitude is shifted toward one of

the edges of the nanonotch, similar to the spatial asymmetry of recently observed spin-wave

solitons [175]. Indeed, the experimental profile of auto-oscillation is clearly shifted in the

positive-y (Figure 6.3(b)) or negative-y (Figure 6.6(a)) direction, depending on the direction

of the field. In the simulations, we model this effect by shifting the excitation area by half-

width of the nanonotch, resulting in a strongly unidirectional emission, with the asymmetry

and coupling efficiency close to those observed in the experiment (Figure 6.6(b)).

6.4 Conclusions

In conclusion, we have experimentally demonstrated a nanomagnonic system that com-

bines all the advantages provided by the SOT to locally excite propagating spin waves,

and to simultaneously enhance their propagation characteristics. This was accomplished by

hybridizing two magnetic subsystems with different dynamic characteristics: the active sub-

system (the nano-notch oscillator) in which a spatially confined dynamical mode (the HF

mode) is excited by the SOT, and the spin-wave guiding subsystem that facilitates propaga-

tion and long-range enhancement of the generated spin waves. The system is amendable to

modifications of structure and geometry, and can be easily incorporated as a building block

in complex magnonic circuits with expanded functionalities.
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Chapter 7

Summary and outlook

”As our circle of knowledge expands, so does the circumference of darkness surrounding

it”. The authorship of this phrase is attributed to many people, but regardless of its author, it

beautifully reflects the fact that any research not only provides answers to existing questions,

but also raises new ones. Therefore, in this final chapter, we summarize the main results of

the thesis and outline possible directions for future research.

The most important results of Chapter 4 are:

• We have experimentally demonstrated that the lowest-frequency magnon mode expe-

rience the strongest enhancement by the SOT. This demonstration resolved the long-

standing debate in the studies of spin current-induced effects.

• We have provided the first direct evidence that the state of the magnon gas subjected to

the SOT can be treated thermodynamically, supporting the theoretically suggested re-

lationship between current-induced magnetization auto-oscillations and Bose–Einstein

condensation of magnons.

• We have demonstrated that the chemical potential of the magnon gas driven by the

SOT can closely approach the lowest-energy magnon state, indicating the possibility of

spin current-driven Bose–Einstein condensation of magnons.

The following questions have arisen/future research directions:

• According to our data, for one polarization of the spin current, the effective tempera-

ture of the magnon gas becomes significantly reduced, whereas the chemical potential

stays almost constant. In contrast, for the opposite polarization, the effective tempera-

ture remains nearly unaffected, whereas the chemical potential increases with current.

However, it is natural to expect that both the effective temperature and the chemical
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potential should increase/decrease for positive/negative currents. Therefore, the ob-

served asymmetry between two directions of current is a puzzling aspect of our results,

which is still waiting for explanation.

• Strictly speaking, our experimental data provide evidence for the quasi-equilibrium

state only for the low-energy magnons, and it is currently not possible to make a

unambiguous conclusion that the high-energy magnons are described by the same ther-

modynamic characteristics. It was recently demonstrated that one can increase the

spectral range of the µBLS technique by utilizing the sub-diffraction confinement of

light by a metallic nanoantenna fabricated on top of a magnetic film [151]. Therefore,

it would be interesting to use this approach to determine thermodynamic characteristics

of high-energy magnons that are not accessible to the standard µBLS.

• One can also optimize the thickness of the active magnetic layer in the system shown

in Figure 4.1, so as to gain experimental access to perpendicular standing spin waves

(PSSW) [1]. The PSSW modes are characterized by relatively high frequencies. There-

fore, one can potentially use them to study thermodynamic properties of high-energy

magnon states [93].

The most important results of Chapter 5 are:

• We have shown experimentally and by micromagnetic simulations that nonlinear damp-

ing is predominantly determined by the ellipticity of magnetization precession, which

is controlled by the dipolar anisotropy.

• We have demonstrated that by using materials with suitably tailored PMA, one can

compensate the dipolar anisotropy and achieve circular precession, resulting in an al-

most complete suppression of nonlinear damping.

• As a result, we were able to achieve complete damping compensation and excitation of

coherent magnetization auto-oscillations by the SOT in a simple system with uniform

spatially extended injection of spin current.

The following questions have arisen/future research directions:

• While the reported results are encouraging, little is currently known about the spectral

coherence of the demonstrated devices, which is important for their technical applica-

tions. Therefore, one can integrate the device shown in Figure 5.9(c) with an inductive

antenna to measure the generated power and the actual spectral linewidth of SOT-

induced auto-oscillations in such systems [62,176].
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• We also emphasize that our micromagnetic simulations clearly show that, in a strongly

nonequilibrium magnetic system, nonlinear interactions are mediated by complex non-

resonant processes, which are poorly understood at the moment. Therefore, additional

simulations and thoughtful theoretical analysis are highly desirable to gain further

insight into the mechanisms of energy flow associated with the nonlinear damping.

• Last but not least, one can try to utilize the approach demonstrated in Chapter 5 to

achieve decay-free propagation of spin waves, and perhaps even their true amplification.

We note that it would resolve one of the main issues hindering the development nano-

magnonics.

The most important results of Chapter 6 are:

• We have experimentally demonstrated the first SOT oscillator that provides the possi-

bility to generate coherent propagating spin waves.

• Furthermore, the demonstrated system also enables simultaneous enhancement of prop-

agation characteristics of the generated spin waves, thus combining all the advantage

provided by the SOT.

The following questions have arisen/future research directions:

• As discussed in Chapter 6, the demonstrated device exhibits a controllable directional

asymmetry of spin wave emission. We have associated this phenomenon with the asym-

metric spatial profile of the SOT-driven auto-oscillation mode. While this interpretation

is quite plausible, additional micromagnetic simulations are required to rule out other

possible explanations.

• Since the proposed system has a simple and flexible layout, its characteristics can be

easily improved by the material engineering and geometry optimization. For example,

the system can be implemented with low-damping insulating magnetic materials [177],

or one can optimize the topography of the nano-notch oscillator [178].

• It might also be interesting to try to synchronize the nano-notch oscillator to an external

microwave signal [179], or to create a chain of nano-notch oscillators that are mutually

synchronized via propagating spin waves [180–182].

To conclude, the results presented in this thesis provide valuable insights into many funda-

mental physical phenomena associated with the interaction between spin currents and the

dynamic magnetization. Hopefully, they will serve as the basis for further discoveries that

can eventually lead to a breakthrough in the technical applications of nanoscale spin-wave

devices.
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